Google 



This is a digital copy of a book that was preserved for generations on library shelves before it was carefully scanned by Google as part of a project 

to make the world's books discoverable online. 

It has survived long enough for the copyright to expire and the book to enter the public domain. A public domain book is one that was never subject 

to copyright or whose legal copyright term has expired. Whether a book is in the public domain may vary country to country. Public domain books 

are our gateways to the past, representing a wealth of history, culture and knowledge that's often difficult to discover. 

Marks, notations and other maiginalia present in the original volume will appear in this file - a reminder of this book's long journey from the 

publisher to a library and finally to you. 

Usage guidelines 

Google is proud to partner with libraries to digitize public domain materials and make them widely accessible. Public domain books belong to the 
public and we are merely their custodians. Nevertheless, this work is expensive, so in order to keep providing tliis resource, we liave taken steps to 
prevent abuse by commercial parties, including placing technical restrictions on automated querying. 
We also ask that you: 

+ Make non-commercial use of the files We designed Google Book Search for use by individuals, and we request that you use these files for 
personal, non-commercial purposes. 

+ Refrain fivm automated querying Do not send automated queries of any sort to Google's system: If you are conducting research on machine 
translation, optical character recognition or other areas where access to a large amount of text is helpful, please contact us. We encourage the 
use of public domain materials for these purposes and may be able to help. 

+ Maintain attributionTht GoogXt "watermark" you see on each file is essential for in forming people about this project and helping them find 
additional materials through Google Book Search. Please do not remove it. 

+ Keep it legal Whatever your use, remember that you are responsible for ensuring that what you are doing is legal. Do not assume that just 
because we believe a book is in the public domain for users in the United States, that the work is also in the public domain for users in other 
countries. Whether a book is still in copyright varies from country to country, and we can't offer guidance on whether any specific use of 
any specific book is allowed. Please do not assume that a book's appearance in Google Book Search means it can be used in any manner 
anywhere in the world. Copyright infringement liabili^ can be quite severe. 

About Google Book Search 

Google's mission is to organize the world's information and to make it universally accessible and useful. Google Book Search helps readers 
discover the world's books while helping authors and publishers reach new audiences. You can search through the full text of this book on the web 

at |http: //books .google .com/I 



NEW EDUCATIONAL WORKS. 

MR. MERIVALE'S (author of "the History of Rome") SALLUST 
for SCHOOLS. With English Notes. Crown 8vo. cloth, Ss. 

OR. BADHAM'S SOPHOCLES. 

The Greek Text chiefly after Dindorf, with English Notes. 

Nearly Ready. 

ARISTOPHANES. 

A revised Text with a Commentary. By W. G. CLARK, M.A., Fellow 
and Assistant Tutor of Trinity College, Cambridge. In Preparation, 

RHETORIC OF ARISTOTLE. 

The Greek Text: with English Notes, Critical and Explanatory. 

Preparing.> 

» 

MR. MOOR'S CAMBRIDGE THEOLOGICAL PAPERS. 

The Crosse Papers for fifteen years, and the Voluntary Papers Arom the 
Commencement 184S, to the present time 1851. 8vo. bds, 7s. 6d. 

This will be found a very useAil help to reading for the Voluntary 
Theological and for Ordination Examinations. 

CICERO ON OLD AGE. 

Literally Translated, with Notes. By a MASTER OF ARTS. 2s. 6d. 

CICERO ON FRIENDSHIP. 

Literally Translated, with Notes. By a MASTER OF ARTS. 2s. 6d. 

MR. COOPERS GEOMETRICAL CONIC SECTIONS. 

With an Appendix, containing the First Nine and the Eleventh of 
NEWTON'S LEMMAS. Nearly ready. 

MR. DRAKE'S DEMOSTHENES DE CORONA. 

The Greek Text, with English Explanatory Notes. Crown Octavo, 
cloth, 5s. 

" Will enable a student to read the original with comparative 
ease."*— LiTERAEY Gazette. 
'* UseAil Notes,"— The Guardian. 
" A neat and useftil Edition."— Athenjeuh. 

MR. NORRIS'S DEMOSTHENES ON THE CROWN. 

Crown 8vo. Ss. 

" The best translation that we remember to have seen." — Lit. Gaz. 
"Very accurate." — Guardian. 

"Admirably representing both the sense and style of the original." 

AthbN;eum. 

SOLUTIONS OF THE SENATE-HOUSE PROBLEMS 

From 1848 to 1851. By N. M. FERRERS, B.A., and J. S. JACKSON, 
B.A., of Caius College, Cambridge. 8vo. cloth, 15s. 6d. 

MR. GRANT'S PLANE ASTRONOMY. 

Including Explanations of Celestial Phenomena and Descriptions of 
Astronomical Instruments. 8vo. bds, 6s. 

SOLUTIONS OF THE SENATE-HOUSE /RIDERS.' 

1848 to 1851. By F. J. JAMESON, B.A., Caius College, Cambridge. 
8vo. cloth, 7s. 6d. 

: MACMILLAN & Co. 
ILL. Bubltn: HoDOEB & Smith. 
Edmonston & Douglas. 
: Jas. Maclehose. 




NEW AND IMPORTANT 

MATHEMATICAL EDUCATIONAL WORKS. 

1. 

Elementary Mecliamcs, aocompanied by numerous Ex- 
amples solved Geometrically. By J. B. Phear, M.A., Fellow 
and MaUiematical Lecturer of Clare Hall, Cambridge. 8yo. 
boards, 10«. 6d, 

'< The task is well executed His arrangement is lucid , his proofs 

simple and beauttful,** — The Educatob. 

2. 

A Treatise on the Differential Calculus and the Elements 

of the Integral Calculus, with numerous Examples. By I. 
ToDHxmTEB, M.A., Fellow of St John's College, Cambridge. 
Crown 8yo. cloth, 10«. 6d, 

3. 

A Treatise on Analytical Statics, with numerous Ex- 
amples. By I. ToDHUNTER, M.A., Fellow of St John's College, 
Cambridge. Preparing for immediate Publication, 

4. 
Second Edition of 

An Elementary Treatise on the Differential and Integral 

Calculus, for the use of Colleges and Schools. By G. W. Hem- 
ming, M. A., Fellow of St John's College, Cambridge. Svo. cloth, 9«. 

6. 

Solutions of Senate-House Problems for Four Tears (1848 

to 1851), By N. M. Febbebs, Fellow of Caius College, Cam- 
bridge, and Rev. J. S. Jackson, Caius College, Cambridge, 8yo. 
cloth, 168. 6d 

6. 

Solutions of the Senate-House Eiders for Four Tears (1848 

to 1851). By the Rev. F. J. Jameson, M.A., Fellow of Caius 
College, Cambridge. 8to. cloth, 7«. 6(7. 

The above two books will be found very useful to Teachers preparing 
Students for the University cf Cambridge , as theushew practicallt 
the nature of the changes introduced by the ^^Mathematical Board^** 
in 1848. 



NEW MATHEMATICAL WORKS. 



7. 



Arithmetic and Algebra in their Principles and Applica- 
tion, with numerous syBtematicallj arranged Examples, taken 
from the Cambridge Examination Papers. With especial refer- 
ence to the ordinary Examination for B.A. Degree. By the 
Rev. Babnabd Smith, M.A., Fellow of St Petei's College, Cam- 
bridge. Crown 8yo. Just Ready, 

Th%9 work it is hoped will prove eminentlff adapted for use in Schools 
where Students are prewired for the UntversCiies, It contains very 
copious selections from the Exa/mination Papers of many years. 



8. 

Plane Astronomy. Including Explanations of Celestial 

Phenomena, and Descriptions of Astronomical Instruments. By 
the Rev. A. B. Grant, M.A., Fellow of Trinity College, Cam- 
bridge. 8yo. boards, e«. 

9. 
A New wnd Cheaper (Me Eighth) Edition of 

The Elements of Plane and Spherical Trigonometry; 

greatly improved and enlarged. By J. C. Snowball, M.A., 

Fellow of St John's College, Cambridge. Crown 8yo. cloth, 

78. 6d. 

This edition has been carefully revised by the author^ and some tm- 
portant alterations and additions have been introduced. A large ad- 
dition has been made to the collection o/ examples foe pbactice. 

la 
A Short and Easy Conrse of Algebra. Chiefly designed 

for the use of the Junior Classes in Schools ; with a numerous 

Collection of Original Easy Ezerdses. By the Rev. T. Lund, 

B.D., late Fellow of St John's College, Cambridge. 12mo. 

bound in cloth, Zs, 6cL A New Edition, 

^' His definitions are admirable for their simplicity and clearness." 
— Athen^um. 

'* We have much reason to admire the happy art of the author in 
making crooked things straight and rough places raioolA.— £d vcatob. 



CandMDge: Macbollan & Go. 
SonDon: Georoe Bell. 



"^^^^^■™«-^ 



ELEMENTARY 



HYDROSTATICS. 




^tmtd at % mn&ttn^ ^ress. 
FOR MACMILLAN AND CO. 

i4)nllon: GEORGE BELL. 
IBublin: HODGES AND SMITH. 
Oltrtobttrsti: EDMONSTON AND DOUGLAS. 
OlOSSOto: JAMES MACLBHOSE. 

exmn: J. h. parker. 



ELEMENTARY 



HYDKOSTATICS. 



WITH NUMEROUS EXAMPLEa 






^ — I 



^ 



A 



,' 






BY 



J. B. PHEAR, M.A., 

raiXOW AND AISIBIAaT TUTOS 01 OLAU HAU, CAVBBIOOB. 
AUIBOS 01 "lUUmiABT UKBAaiCS." 



(!Dambri))ise: 

MACMILLAN AND CO. 

M.DCCCXII. 



/ 



/ 



/"//VW ■•■'-- A'."' -••• 



CONTENTS. 

SECTION I. 

PAOI 

FbELDOKABT DEFrniTIONS AlTD EzPIiAVATIOIRS. • . 1 

Definition of a fivSdy 1 \ explanation of the term fluid pres- 
twre and the definition of its meaaurey 2, 3, 4 ; a supposed solidifi- 
cation of a portion of fluid does not affect its action upon the 
remainder, 5 ; hydrostatic action of rigid surfaces upon fluids, 6 ; 
transmmion of pressure by a fluid, 7; distinction between eUutio 
and inelastic fluids, 8 ; measures of masst density and ^[>ecifie gravity^ 
9,10,11,12 9 

. . SECTION II. • . 

InsiiAstio Fluids. 9 

Pressure at a point in a heayy fluid, 13 ; pressure uniform in 
the same horizontal plane, 14; &ee surface horizontal, 15; total 
normal pressure on a surface immersed, 16; resultant of the 
same pressure, 17 ; conditions which a floating body satisfies, 18 ; 
stable, unstdbUy and neutral eqiuUbrium, 19 ; conditions of a body's 
sinking, rising, or remaining stationary when immersed totally in 
a fluid, 20, 21, 22, 23 ; HydrostcOie Balance, 24 ; methods for 
finding the specific gravity of a body or fluid, 25, 26, 27, 28 ; 
Common Hydrometer, 29 ; NichoIson'iB Hydrometer, 30 ; specifio 
grayity of a mixed fluid, 31 ; common surface of two fluids which 
do not mix, 32; heights of {he free surfaces above this, 33. 

Examples, 26 39 

SECTION III. 

Elastic FLmDS. ••»••• 39 

Pressure in elastic fluids sometimes termed dastie /ores, 34; 
assumed to be uniform under certain conditions, 35 ; Barometer, 
36 ; BoyHs law, 37 ; pressure varies as the density, 38 ; law of 
density in the atmosphere, 39 ; barometer employed to measure 
heights, 40; Air-Pwmp, 41; density after the nth stroke, 42; 
causes limiting the exhaustion, 43; Hawhbeis air-pump, 44; 
Smeaton's do., 45 ; the Condmser, 46 ; Common Pump, 47 ; ten- 
sion of its piston rod, 48 ; Lifting Pump, 49 ; Forcing Pump, 50; 
BramaJCs Press, 51; Siphon, 52, 53; Diving Bdl, 54; Atmo^ 
^herie Steam Engine, 55; Watt's improvements, 56; Double^ 
Action Steam Engine, 57. t 

Example^ 71. ••••4;; .79* 



*. 

••'. 



IT CONTENTS. 

SECTION IV. 

FAOl 

Genbbal Propositions. • . . • • 79 

Virtual Yelocities, 68 ; resolyed parts of normal pressures 
upon the surface of a vessel containing heayy fluid, 59, 60, 61, 
62 ; do. when the included fluid is elastic, 63 ; Centre ofPreeswrey 
64 ; Barker^s MUl, 65 ; free surface of a revolying fluid under 
certain conditions, 66 ; resultant pressure upon the surface of a 
body immersed in any fluid whatever, 67 ; tension at any point 
of a cylindrical surface contiuning fluid, 68 ; do. for a spherical 
surface, 69 ; mode of graduating a barometer, 70, 71, 72 ; Wheel 
Barometer^ 7S. ' 

Examples, 94 «*•«,•,.« 102 

SECTION V. 
MiXTUBE OF Gases.— Vapoub 103 

Boyle's law holds for a mixture of gases, 74 ; gas absorbed by 
a liquid in contact with it, 75 ; relation between change of tem- 
perature and change of volume in all substances, 76 ; meaning 
of the term ikermometery 77 ; mercwridl thermometer, 78 ; com- 
parative expansions of substances, 79 ; temperature measured by 
the thermometer, 80; expansion of water, 81 ; proof of the for- 
mula j9=ibp(l + at), 82; relations between the heat absorbed, 
the resulting temperature and the mass, for a uniform substance, 
83 ; algebraical expression of the same, 84 ; do. for a compound 
substance, 85 ; epedfie heat, 86 ; algebraical formula^ 87 ; specific 
heat of gases, 88 ; eJl substances made to experience the solid 
liquid or gaseous state by the application of corresponding amount 
of heaj;, 89 ; vapour,. 90; satyrcOion density, and its dew-point, 91 ; 
under what circumstances vapours follow Boyle's law, or not, 
92 ; gases, 93 ; the preceding results independent of the number 
of gases present, 94, 95; ebullition of water, 96; algebraical for- 
mula connecting the pressures and temperature for a mixture 
of gas and vapour, 97 ; latent heat, 98 ; effects produced by ab- 
sorption of heat in evaporation, 99; contraction produces the 
opposite results to dilatation, 100 ; hygrometrical state of the 
atmosphere, 101 ; Clouds, 102 ; Bain, 103 ; causes producing these 
effects, 104 ; Snow and Hail, 105 ; Dew, hoarfrost, &c., 107 ; Con- 
duction, convection and radiation of heat, 108 ; cause of dew, &c., 
109 ; Deiuhpoint, 110 ; results of the law of expansion in water. 111. 

General Examples, 128 • • . • •139 



HYDROSTATICS. 



SECTION I. 

PRELIMINARY DEFINITIONS AND EXPLANATIONS. 

1. Def. a fluid is a collection of material particles 
so situated in contact with each other as to form a con- 
tinuous mass, and such that the application of the 
slightest possible force to any one of them is sufficient 
to displace it from its position relative to the rest. 

That part of Statics, where a fluid appears as the 
principal means of transmission of force, is termed 
Hydrostatics. The law of that transmission must, like the 
law of transmission by a rigid body, by a free rod or 
string, or by contact of surfaces, &c. be established by 
experiment. 

The mutual forces called into action by the contact 
of surfaces are in Statics called pressures : this term is 
used in the same sense in Hydrostatics, where it is 
applied to denote the forces of resistance, which adja- 
cent particles of the fluid exert, either upon one another, 
or upon rigid surfaces in contact with them. 

2. If in the side of a vessel, containing fluid upon 
which forces are acting, a piston be placed, the pressm*e 
exerted upon it by the fluid particles with which it is in: 
contact, would thrust it out, unless a force sufficient to 
counteract this pressure were applied to the back : this 
counteracting force is of course exactly the measure of 
the pressure of the fluid upon the piston. It is not diffi- 

^ 1 



2 PRELIMINARY DEFINITIONS 

cult to conceive that, generally, the magnitude of this 
pressure would be different for different positions of the 
piston in the sides of the vessel ; inasmuch as the por- 
tions of the fluid which it would touch at those different 
places, would not necessarily be similarly circumstanced, 
and would not therefore require for the maintenance of 
their equilibrium that the piston should exert the same 
force upon them : when, however, the pressure for every 
such supposed position of the piston, wherever taken, is 
the same, the fluid is said to press uniformly; and when 
not so, its pressure is said to be not uniform. 

Again, it is clear that the pressure upon the piston 
in any given position must vary with the magnitude of 
its surface, and if this were reduced to a mathematical 
point the pressure upon it would be, strictly speaking, 
absolutely nothing, because the surface pressed is no- 
thing; but even in this case the conception of the 
pressure at the point is perfectly definite; it signifies the 
capability or tendency which the fluid there has to press, 
and which, if existing over a definite area, woidd pro- 
duce a definite pressure ; and this view of it leads us to 
the following usual definition of its measure. 

The pressure at any point of a fluid is mea,sured by 
the pressure which would be produced upon a unit of sur- 
face, if the whole of that unit were pressed uniformly with 
a pressure equal to that which it is proposed to m^easure. 

3. It is usual to represent this measure of the pres* 
sure at a point by the general symbol p ; and whenever 
it is said that a surface, in contact with a fluid and con- 
taining A units of area, is pressed uniformly with a 
pressure p,. it is meant that the pressure of the fluid at 
every point of it^ measured as above defined, is equal to 
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r 

p units of force : hence if P be the pressure which the 
fluid exerts upon this surface A, since the pressure is uni- 
fomiy and therefore the actual pressure upon each unit 
is p, the pressure upon the A units must be A times p, or 

According to the usual convention, by which a square 
foot is taken to be the unit of area, and one pound 
weight the unit of force, the numerical value of ^ would 
represent pounds. 

It may be here remarked, that as P is of four linear 
dimensions, being the measure of a moving force, and A 
is of two, therefore p must be of two dimensions. 

4. In the foregoing explanation of the meaning of 
the term *' pressure at a point" in a fluid, the point has 
been assumed to he in contact with a rigid surface, 
which was supposed to be the subject of the pressure ; 
now if we consider any portion of fluid, within a larger 
mass and forming part of it, no force but that of resist- 
ance can be exerted upon it by the surrounding fluid ; 
for we may imagine it to be isolated from the rest by 
an excessively thin enveloping film, which will manifestly 
produce no disturbance among the particles of either 
portion of the fluid, because its existence neither intro- 
duces new forces nor destroys any of those which are 
acting ; further, this fillii may be supposed rigid, without 
afiecting the relative positions or equilibrium of the 
particles forming the interior and exterior portions of 
fluid: but under this hypothesis the pressure at any 
point, of either the interior or exterior fluid, which is in 
contact with the rigid film acquires the meaning given 
above, and as the introduction of the film in no way 

1—2 



4 PRELIMINARY DEFINITIONS 

alters the actions of the portions of fluid upon one 
another, we thus arrive at the conclusion that different 
portions of a mass of uniform fluid only press against 
each other in the same way as they would against rigid 
surfaces of the same form, and therefore the term " pres- 
sure at a point" means the same thing whether the 
point be within a fluid or be in one of its bounding 
surfaces*. 

5. This last conclusion with regard to the action of 
different portions of the same fluid upon one another is 
of considerable importance in the solution of Hydro- 
statical problems ; as by it we are justified, whenever it 
concerns us to investigate the pressures exerted by a 
surrounding fluid upon an included portion, in replacing 
this portion by a conterminous solid. It is generally con- 
venient to take for such a purpose the solid which would 
be formed by supposing the constituent particles of the 
portion of fluid, which it is wanted to replace, to become 
by any means rigidly fixed in their relative positions and 
to be still affected by the same external forces as before : 
it is manifest that such a solid could not differ from the 
fluid which it replaces, as regards its action upon the 
surrounding fluid, for it would itself be identical with it 
in every way, were it not for the circumstance that its 

* The analogy between '^ pressure at a point*' in a fluid, and *' velocity at any 
instant" of a moving particle, and between their respective measures, is too strik- 
ing to escape the notice of the student ; both terms are abstractions employed for 
the purpose of avoiding the constant use of the periphrasis, which is given once 
for all in the definitions of their measures. Perhaps this view of the case would 
be more apparent if the pressure at a point were defined to be the limiting ratio 
between the pressure exercised upon a small area taken about that point and the 
area itself, as this area is indefinitely diminished : at any rate such a definition 
would considerably simplify the investigations of Arts. 13 and 14. 



AND EXPLANATIONS. 5 

particles are supposed to be* provided with an artificial 
check against moving from their relative positions, in 
addition to, or rather instead of, the mutual resistances 
Tf^hich effect the same end in the fluid state. 

6. If a surface opposed to a fluid be itself rough or 
capable of exerting friction, the particles of fluid adja- 
cent to it would, as it were, adhere to it and thus form 
a sort of polished veneer, because the definition of a 
fluid, which states that the application of the slightest 
force is capable of displacing the particles, precludes all 
idea of the existence of any tangential action between 
the particles themselves ; and therefore although there 
may be resistance to the tangential motion of the par- 
ticles in contact with the surface, there can be none be- 
tween them and their next neighbours. For the same 
reason whenever a portion of fluid is supposed to be- 
come solidified, its surfaces must be considered perfectly 
smooth. Hence in all cases the pressure of fluids is 
normal to the surfaces pressed. 

It is true that very few fluids answer strictly to the 
definition given above (Art. 1) ; there is generally a 
certain amount of friction or viscosity between their 
particles, and in all cases, where the instantaneous effect 
of forces upon a fluid is the subject of investigation, this 
mutual tangential action between the particles cannot 
be neglected. But it is found practically that when once 
equilibrium is established, the particles have always as- 
sumed such a position inter ae that no tangential action 
is called forth; and therefore it is immaterial to consider 
whether the capability for it exists or not. Thus if any 
semi-fluid such as honey or treacle be allowed to assume 
its position of equilibrium imder the action of gravity* 
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it will do SO very slowly compared with water under the 
same circumstances, but in the end it will be found that 
its position is exactly the same as that of the water. 
Hence in Hydrostatics all fluids whatever may be assumed 
to be perfect fluids. 

7. The law of transmission of pressure through 
fluids, which was alluded to above, and which is the only 
new one introduced to our notice by this part of Statics, 
may be stated as follows : 

A force applied to the surface of a fluid at rest is trans- 
mitted, unchanged in intensity, in all directions through the 
fluid. 

Like all other physical laws, this is experimental ; or 
rather it is suggested by experiment, and its proof is 
deduced from a comparison of the results of calculation 
based upon it, with those of corresponding observations : 
in this sense the following experiment may be said to 
prove it. 

The annexed figure represents a vessel of any shape 
containing a fluids which may be supposed to be acted 
upon by gravity, as must gene- 
rally be the case, or by any 
other forces whatever : into the 
sides of this vessel are fitted any 
number of pistons, represented 
by -4i, A2..A„ and having plane 
faces whose areas are respec« 
tivelyai, a2...a«; suflBcient forces 
are also supposed to be applied 
to these pistons to keep them in 
their places; in fact whatever be 
the forces whether only gravity 
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or any thing else which are acting upon the system, 
the whole is supposed to be in equilibrium. If now any 
additional force as Pi be applied to the piston A^ it 
is found that to preserve equilibrium additional forces 
•^29 Ps^.Pn must be also applied to the pistons J 29 A^...A^ 

P P P 

respectively such in magnitude that — «= — = &c. = — : 

this result clearly shews that the application of a pres^ 

P 

sure — upon each unit of area of the piston Ji has 

ai 
caused the same additional pressure upon every unit of 
area in each of the other pistons : hence the truth of 
the principle enunciated. 

8. Of fluids there are some, such as air, whose 
volumes or dimensions are increased by diminishing the 
pressure upon them and vice versa ; these are commonly 
called elastic fluids, and all others inelastic. Inelastic 
fluids are also often distinguished by the name of liquids, 
while elastic are called either ga^es or vapours according 
as their state is one of permanent or temporary elasticity. 
It is probable that every fluid is compressible, when very 
great pressure is employed for the piu^ose, although 
within the limits of the forces with which we shall be 
concerned no appreciable error will be committed by 
considering water, mercury, &c. which constitute the 
inelastic fluids, or liquids, as incompressible. 

9. The conception of the mass of any portion of a 
fluid is the same as of that of a solid, and its measure 
is also the same : thus if M be the mass of a portion of 
fluid whose weight is W^ the accelerating force of gravity 
being g^ we have the relation, 

W^Mg (1) 
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10. If any equal volumes of a fluid, wherever taken 
throughout its extent, always contain the same mass the 
fluid is said to be of uniform density or homogeneow: 
otherwise its density is not uniform ; it may evidently 
vary by insensible degrees from point to point. The 
density at any point is measured by the mass which would 
he contained in a unit of volume, if the fluid throughout that 
volume were of the same density as at the proposed point. 
Thus if F be the volume of the mass M in the previous 
example, and if the density of the mass be the same at 
every point and be represented by p, the actual mass in 
each unit of the volume V will be « p, and .'. M « Fp, 
and we might write, instead of the above form, 

W^pVg (2) 

11. It is sometimes convenient in reference to 
uniform fluids, to consider the weight of the portion 
contained in a unit of volume, rather than the mxiss of 
the same portion as we do when we speak of density ; 
the term used to designate the particular quality thus 
referred to is specific gravity, which is generally defined 
as follows : 

The specific gravity of a uniform fluid is measured by 
the weight of a unit of its volume estimated in terms of the 
WEIGHT OP A UNIT OF VOLUME of soms particular standard 
fluid, taken as the unit of weight. 

If therefore V and W denote the same things as in 
the preceding examples, and S be the specific gravity of 
the fluid, we get, 

W^Sr. (3) 

but it must be rem^xked that,, while in the formulas (i) 
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and (2) the units of weight were quite arbitrary, and 
might be pounds, or ounces, or any other magnitude of 
force ad libitum, (the unit of mass, upon which the 
numerical values of M and p depend, following as a con- 
sequence), in (3) the unit of weight must be that in terms 
of which S is measured, and which by the above defini- 
tion must be the weight of a unit of volume of some 
chosen fluid. If, for example, as is generally the case, 
distilled water be taken as the standard substance, and a 
cubic foot as the unit of volume, W will be that number 
of thousands of ounces, which is given by the multiplica^ 
tion of the numerical values of iS' and F, because the 
weight of a cubic foot of distilled water is 1000 oz, 

12. From this definition it follows that the specific 
gravity of any substance is given by the ratio between 
the weight of any volume of it and the weight of the 
same volume of the standard substance. 



SECTION IL 

INELASTIC FLUIDS. 

13. The pressure at any point below the surface of 
M a uniform fluid, which is at rest under the 

action of gravity alone, varies with the depth. 
Let P be the point below the surface, p 
the pressure at that point, measured as in 
Art. (2), M the point where a vertical 
through P meets the surface: let MF be 
represented by z and let a prism of fluid of 
very small transverse section a, having MP 
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for its axis, be considered. No circumfitanees affecting 
the equilibrium of the particles of fluid will be intro- 
duced by supposing those forming the prism to be solidi- 
fied into one mass, (Art. 5). 

But under this supposition the rigid prism MP is in 
equilibrium under the action of its own weight vertically 
downwards, the pressure of the fluid vertically upwards 
upon its base a, and the pressures upon its sides which 
are all perpendicular to its length and therefore horizon- 
tal : these two systems of vertical and horizontal forces 
must be separately in equilibrium, and hence the pressure 
on the base equals the weight of the prism. 

Since a is very small the pressure upon it may be 
considered uniform throughout its area, because the 
error introduced by this will not be comparable with the 
whole pressure ; it is therefore at every point approxi- 
mately equal to p, the value which it has at P : hence 
the whole pressure on the base is approximately pa : 
also the volume of the prism is very nearly az^ and if the 
density of the fluid be p, the mass of the prism is 
equally nearly paz and its weight pazg\ we get there- 
fore from the foregoing considerations, 

pa « paxg, 

the more nearly as a is diminished indefinitely, 

or p « gpZy accurately ; 

hence for the same fluid pccz. 

When the unit of length here employed is a foot, 
that of volume must be a cubic foot. 

14. Within a uniform fluid, which is at rest under 
the action of gravity alone, the pressure at every point 
in the same horizontal plane is the same. 




^^ 
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Let Pj Q be any two points lying in the same hori-* 
zontal plane below the surface 
of the proposed fluid ; suppose 
a prism of fluid haying PQ 
for its axis, and a very small 
transverse section a to become 
solid ; this can in no way afiect 
the conditions of equilibrium ^ ^ 

of the fluid. (Art. 5.) 

Now this rigid prism is kept at rest by the pressures 
on its two ends P, Q in the direction of its length, i. e. 
horizontal, the pressures upon its sides perpendicular to 
its axis and therefore in vertical planes, and its own 
weight also in a vertical plane ; thqse two sets of forces 
must be separately in equilibrium, and therefore the 
pressures upon the two ends must counteract each other. 
Let p and q be the pressures at the points P and Q, then 
since a is very small, the pressure over each end of the 
prism will be very nearly uniform and of the same inten- 
sity as at the middle point, and therefore the pressure at 
the end P is pa, and that at Q is 9a ; but these must be 
equal, or ^ b ^. As P and Q are any points in the same 
horizontal plane, it follows that the pressure at all points 
in the same horizontal plane is constant. 

In the preceding proposition it was assumed that 
PM, and in this one that PQ, lay entirely within the 
fluid ; i. e. that the rigid sides of the vessel or material 
containing the fluid were never inclined from the vertical 
towards the body of the fluid : but these propositions are 
also true whatever be the form of the sides, provided the 
difierent parts of the fluid contained by them are in free 
communication with each other. 

For let the annexed figure represent a quantity 
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of fluid contained by the irregular sides ABCDEF. 
The circumstances of the 

different particles of this |^r — -....^^^^^ 

fluid cannot be different \ --^^ A^ ^/ F 

from what they would have \ ^^^.^^^^^^F 
been had AE merely form- \ ^^ft^^^H^ 

ed a portion of a larger l V— ^ -— / 

quantity FAKLE^ whose 

surface coincides with FA as far as it goes ; but in this 
case the proof of the foregoing propositions would have 
held for any points in the portion ABCDEF : the propo- 
sitions are therefore always true, P's depth in the first 
one being its vertical distance below the surface or 
the surface produced. 

15. The surface of a uniform fluid which is at rest 
under the action of gravity alone is horizontal. 

For taking the first figure of Article (14) if P' and Q' 
be the points where vertical lines through P and Q meet 
the surface, then by {is) piq :: PP^ : QQ' ; but by Art. 
(14) p=9, .'. PP^'^ QQ\ But P and Q are any two points 
in the same horizontal plane below the surface of the fluid, 
hence the distance of any two points in the same hori- 
zontal plane within the fluid are at the same distance 
from the surface ; .*. the surface itself must be horizontal*. 

16. If a surface be immersed in a fluid which is kept 
in equilibrium by the action of gravity alone, the total 
normal pressure upon it is the same as would be exerted 
upon a plane surface of equal area placed horizontally in 
the same fluid at the depth of the center of gravity of 
the immersed surface. 

* This result wm not assumed in the figures of Art. 14. 
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Let the area of the given surface be A, and suppose 
this divided into n portions represented by ai a2...a^ : by 
increasing n these may be made as small as we like, and 
then all points in any one of them would be approxi- 
mately at the same depth below the surface of the fluid 
as the center of gravity of the same, and hence the normal 
pressure over this area would be appproximately uniform, 
and equal to that due to this depth : if therefore x^ be 
the depth of the center of gravity of the area a„ p the 
density of the fluid, then as n is indefinitely increased, 
and therefore a^ diminished, the normal pressure upon a, 
continually approaches to gpZra^ 

The same thing will be true for each of the other 
portions into which the surface has been divided, hence 
the total normal pressure will upon the same supposition 
approach the sum of the terms 

gp%iai+ gpZfia2 + ... + gpsf^an9 

or if we represent this pressure by P, then approxi- 
mately 

But if i be the depth of the center of gravity of 
the whole area J below the surface, then 

zA = z^Oi +^202 +...+ x^a (2), 

This is true whatever be the magnitudes of a^ a^, &c.; it 
will therefore be true when they are indefinitely small, 
which was the condition by which the equation (i) was 
obtained, and we may substitute from (2) into (l) : we 
thus get 

P « gpzA ; 
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but the right-Kand side of this Equation is evidently the 
pressure which would be exerted upon a surface A 
immersed at a uniform depth x in the same fluids and 
hence the truth of the proposition. 

17. The last proposition gives only the svm of the 
normal pressures upon a surface of a body immersed 
in a fluid which is acted upon by gravity alone : the 
remUant of the same pressures is equal to the weight 
of the fluid displaced by the body, its direction is ver- 
tical, and passes through the center of gravity of the 
fluid so displaced. 

Let Q represent the portion of the body which is 
immersed, whether it be to- 
tally so or not. It is evident 
that the pressures upon the 
surface of Q in contact with 
the fluid depend only upon 
the position and extent of 

that surface, and not at all 

upon the nature of Q itself: 

they will therefore be unaltered if any other body con- 
terminous with Q be substituted for it. Suppose then 
some of the fluid under consideration to be solidified 
into the form of Q and placed in its stead, the pressures 
on the surface of this solidified fluid are the same as 
those on Q; but this solidified fluid so placed will be 
at rest, for it would be so if it were not solid, and its 
solidification cannot affect equilibrium, (Art. 5) : now the 
only forces acting upon this solidified fluid are its own 
weight, vertically downwards through its center of gra- 
vity, and the before-mentioned fluid-pressures upon its 
surface, hence the resultant of these pressures must be 
equal and opposite to this weight. The fluid which 
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we have supposed solidified is that which would exactly 
fill the place of the immersed portion of the body, if 
the body were removed; it is generally spoken of as 
the fluid displaced by it: the proposition is therefore 
proved. 

18. When a body floats in a fluid under the action 
of gravity only, the weight of the fluid displaced by it 
is equal to its own weighty and the centers of gravity 
of the fluid displaced and of the body itself are in the 
same vertical line. 

The only forces acting upon the body are its own 
weight, in a vertical direction at its center of gravity, 
and the pressures of the fluid upon the siurface im- 
mersed : hence since there is equilibrium, the residtant 
of these pressures must be equal and opposite to the 
weight of the body, and it must act vertically upwards 
through the center of gravity of the body ; but by the 
last proposition the resultant of these pressures was 
shown to be equal to the weight of the fluid displaced 
and to act vertically upwards through the center of 
gravity of the fluid displaced. From these two asser- 
tions then we obtain that : the weight of the fluid dis- 
placed equals the weight of the floating body, and that 
the centers of gravity of the two lie in the same vertical 
line. 

19. If a floating body be disturbed in its position 
in such a way that the amount of fluid displaced by it 
remains the same, the forces acting upon it will be un- 
altered as regards magnitude and direction, for they 
will be, its own weight acting vertically downwards at 
its center of gravity and the weight of the displaced 
fluid, which is, as before, equal to the weight of the 
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bodf, and acts vertically upwards through its center of 
gravity: bat in the general case these two centers of 
gravity will be do longer in the same vertical line, and 
thus a couple will have been produced, under whose 
action the body will either return to its original posi- 
tion of equilibrium or will be removed further from it, 
according as the new direction of the resultant of the 
fluid-pressures, i. e. the weight of the fluid displaced, 
meets that fixed line in the body, which passes through 
its center of gravity and was vertical in the body's 
floating position, above or below the center of gravity. 
This is made evident by the annexed ^gure where the 




body is represented in its disturbed position, g is its 
center of gravity, g that of the fluid displaced, W the 
weight of the body, R the resultant of the fluid pres- 
sures on its surface and therefore equal W, M the point 
where the direction of R meets the fixed line through g, 
— the dotted figures refer to the original position of 
equilibrium. 

The original positiou of the floating body is said 
to be one of siahle equilibrium, when upon a very slight 
disturbance of this kind the couple produced tends to 
bring the body back again, and unstable when the con- 
trary is the case : instances of these two are given in 
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the figure. The equilibrium is said to be neutral when- 
ever this very small displacement fails to produce a 
couple, i. e. when the two centers of gravity are still 
brought by it into the same vertical line. 

It is not difficult to see that when a body floats 
with its center of gravity below that of the fluid dis- 
placed, the equilibrium will be stable. 

20. If a body be immersed in a fluid of less spe- 
cific gravity than itself it will sink : for let V be the 
volume of such a body Q; i3,S' the , 

specific gravities of the fluid and t^_ _ 

body respectively; then the forces \ 

acting upon Q are its own height 

= VS" acting vertically downwards 

through its center of gravity, and 

the resultant of the fluid pressures 

upon its surface; but this resultant 

is equal to the weight of the fluid 

displaced by Q, = VS, and acts vertically upwards through 

the center of gravity of the fluid displaced, which is 

also that of the body, if we suppose the body and fluid 

each to he of uniform density; therefore on the whole 

the body is acted upon by a vertical force equal to the 

difference between these two, i. e. of the weight of the 

body and that of the fluid displaced by it, = V {S'~S) 

in a downward direction ; it must therefore sink. 

21. If it be required to find the force to be applied 
by means of a string in order to hold the body in its 
position, it must evidently be equal and opposite to 
this force Viff-S). 

But the force requisite to support a heavy body or 
2 
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to keep it from falling under the action of gravity is 
taken as the measure of its weight. Hence the fore^ 
going shews that the apparent weight of a body when 
immersed in a fluid is less than its real weight by the 
weight of the fluid displaced. This result is very useful 
in finding the specific gravities of bodies. 

22. If on the contrary the specific gravity of the 
body immersed be less than that of the fluid, it will rise : 
for, as before, the resultant force upon the body is a 
single vertical force passing through its center of gravity, 
equal to the difference between the weight of the body 
and that of the fluid displaced by it, and acting in the 
direction of the larger force, which in this case is up- 
wards. 

23. If the specific gravities of the body and fluid 
be the same, i. e. if Sand S^ be equal, this resultant force 
clearly vanishes, and hence the body woidd rest in any 
position of total immersion. 



The remainder of this section gives some methods 
of comparing the specific gravities of different substances 
whether solid or fluid, and describes instruments called 
Hydrometers, which are used for the pmpose : it may be 
remarked that in all cases the ratio between the weights 
of equal volumes of the two substances is the quantity 
sought. (Art. 12). 

24. An ordinary balance adapted to weighing bodies 
in fluids is sometimes termed an Hydrostatic balance: 
one of the scales is small and hung very short ; at the 
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bottom of the pan is a hook from which the body, 




while immersed in a fluid contained in any vessel below 
it, may be suspended by a small string or wire. 

25. To find the specific gravity of a solid body, that 
of distilled water being taken as the unit. 

(l) When the specific gravity of the body is greater 
than that of the distilled water, or in other words when 
the body sinks upon immersion : 

Let the weight of the body in vacuum be determined 
« W suppose ; then let its apparent weight in distilled 
water be ascertained by the hydrostatic balance, suppose 
it = PT'; then W-^W is (Art. 21), the weight of the 
distilled water displaced by it ; if then S be the specific 
gravity required, (Art. 12), 

weight of the body 



S 



weight of an equal volume of distilled water 
W 



W --W 
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(2) When the specific gravity of the body is less 
than that of the distilled water : 

Let a piece of some heavy substance be attached to 
the body, such that the whole will sink upon immersion ; 
let w be the ascertained weight of this attached portion 
in vacuum, w' in the water, W^ the weight of the com- 
pound body in vacuum, Wi the weight of the same in 
the water, and JF, as before, the weight of the body itself 
in vacuum ; then, 

the weight of water displaced by the compound body 
when immersed « TTi - PF/, 

of that displaced by the attached body = w - w' ; 

hence the weight of water displaced by the proposed 
body, which must be the difference between these, is 

therefore by the preceding case 

W 



S 



W,--W; --w + w^ 



26. To find the specific gravity of a fluid. 

Let a vessel be filled with it and then weighed in 
vacuum, and let the weight so found be JF; let also the 
weight of the vessel itself when quite empty be W, and 
when filled with distilled water W" : if care be taken to 
fill the vessel accurately, the volumes of the proposed 
fluid and of the water weighed will be the same ; now 
the weight of the first is TF - W\ and of the latter 
pp" - W\ hence if S be the specific gravity required, 

PF- wr 

By this method also the specific gravities of air, or 
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any gases, or even of very fine powders, may be ob- 
tained. 

27. The specific gravities of two fluids may be com- 
pared by weighing the same solid in each. 

Thus, let W be the weight of the solid in vacuum, 

Wi its weight when immersed in the first fluid, 

TTg when in the second fluid, 

then W-Wy\a the weight of the first fluid dis- 
placed by it, 

TT - TTj is the weight of the second fluid displaced 
by it ; 

but these are the same in volume, therefore if S^^ S^ be 
their specific gravities, 

28. Of the weights which enter the preceding 
formulae, those stated to be found by weighing in a 
vacuum, are very properly termed true weights ; those 
found by weighing in any medium are usually called 
apparent weights. The difierence between the true and 
apparent weights is affected by two causes, which tend 
to counteract each other; on the one side, the weight 
which the body requires to balance it, is less than what 
it would require in vacuum by the weight of the medium 
which it displaces ; on the other, the balancing body is 
less than the weight which it is supposed to represent 
by the weight of the medium which itself displaces; 
thus if a true lib. weight and a body Q when placed in 
the two scales of a balance in the air keep the beam 
horizontal, it can only be concluded that the lib. weight 
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diminished by the weight of air which it displaces^ is 
equal to the weight of Q diminished by the weight of 
air which Q displaces; it will be seen that when the 
weight of air displaced by the two bodies is the same, 
the weight of Q is lib. and not otherwise. 

29. In the foregoing methods of finding the specific 
gravities of substances we have deduced them by con- 
sidering them to be proportional to the weights of equal 
volumes ; it may be seen from the formula (3) of Art. 
(11), that they are also inversely proportional to the 
volumes which have equal weights. The two hydro- 
meters which are most generally employed, are con- 
structed respectively upon these two principles. 

The Common Hydrometer 

gives the ratio between the volumes of two 
liquids which have the same weight: the annexed 
figure represents it. AB is a very thin gra- 
duated stem of uniform transverse section, which |p 
at its lower extremity expands into a hollow 
globe BC ; and to this is fixed a ball of lead D 
sufficiently large to bring the center of gravity 
of the whole instrument within it. 

To apply the instrument, it is immersed in a 
proposed fluid and allowed to find its position of 
equilibrium, which it will very readily do on ac- 
count of the lowness of its center of gravity, (Art. 
19), the stem will be vertical and the number of 
its graduations cut off by the surface of the fluid, can be 
easily observed; the comparison of this number with 
that given by immersion in the other fluid will lead us 
to the ratio between their specific gravities ; for let S 
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and y be these, W the whole weight of the instrument, 
V its volume, and a the transverse area of the stem 
A B : when the instrument is immersed in the first fluid 
suppose it to sink to P, then 

again when immersed in the second fluid suppose it to 
sink to P' ; then, 

S _ V--a,AF 

hence the ratio between S and 5" is known when the 
numbers of graduations in ^P and AP^ are known. 

30. Nicholson's Hydrometer is adapted for find- 
ing the ratio between the weights of equal 
volumes of two fluids. It is represented in the \^ 
annexed figure ; BC is a hollow buoyant body 
of any symmetrical shape, A is a, cup supported I" P 
upon it by a rigid wire AB, and Z> is a similar 
cup suspended below by a wire CD. 

(l) To use this instrument for comparing 
the specific gravities of two fluids. 

Let W be the weight of the instrument, 
W^ the weight which must be placed in A in 
order to make it sink in the first fluid to a 
point P in the stem AB, W^ the weight to be 
placed in A in order to make it sink to the same 
point in the second fluid: then the weight of 
the fluid displaced in the first case is ^ + W^, 
in the second W + TFj* and the volumes are the 
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same in both, therefore if S and S' be the specific gra- 
vities whose ratio is required, 

(2) To compare the specific gravities of a solid and 
fluid: 

Let Wi be the weight required to be put in J in order 
to sink the instrument up to P in the fluid ; remove this 
and place the solid in A ; and let FTg be the weight which 
must in addition be put in A in order to sink the hydro- 
meter in the fluid to the same point P ; next place the 
solid in D and let W^ be the weight which must now be 
put in A to sink the instrument to the same point ; 

then the weight of the solid is Wi - PTg, 
also its apparent weight in the fluid is W^-W^; 

but this must be its real weight diminished by the weight 
of the fluid it displaces ; .*. the weight of fluid displaced 
by it is IFi - PTa - (TTi - W^) 

since then this displaced fluid is equal in volume to the 
displacing solid, if S and S' represent the respective 
specific gravities required, 

S W,^W^ 

31. When two or more fluids are thrown together in 
the same vessel they will either become so intimately 
mixed as to form a new fluid, or they will lie in masses 
superimposed upon one another. 

In the first case, if the fluids be incompressible, the 
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Specific gravity of the compound will be known when that 
of each of the composing fluids is so. For let Fi, Fi... 
F„ be the volumes of the different fluids thus mixed to-> 
gether, Si Ss^.^Sn their respective specific gravities; 
Fi + Fg +...+ V^is the volume of the resulting mixture, 
and if iS be its specific gravity, since the weight of the 
whole must equal the sum of the weights of the parts 

and therefore 



S 



Vi+V, + + F 



32. In the second case if gravity be the only force 
acting, the common surface of any two of the fluids will 
be a horizontal plane. 

To shew this, let JKX 
be the common surface of 
any two fluids in contact, 
AB any given horizontal 
plane in the one, A^jff in 
the other : take P any point 
whatever in the plane JBy 
draw PF^ vertical to meet A' 
A'B' in P', cutting KL in Q. 

Then by Art (14) the pressure at P will be constant 
for all its positions in the plane AB, call this pressure^. 
Similarly the pressure at P' will be constant and may be 
represented by p\ 

Now suppose a column of fluid whose axis is PP^ 
and whose transverse section is very small and equal a, 
to become solidified, this will not aflect equilibrium ; 
but this column of fluid is kept at rest by the horizontal 
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pressures of the fluids upon its sides, the pressure down* 
wards at P equal pa, the pressure upwards at P^ ^ p'a 
and its own weight, /. as these two systems, horizontal 
and vertical, must be separately at rest, 

(p' - p) a « weight of solidified column ; 

call PQ, h and QP^, A', and let the densities of the fluids, 
in which A Band AB* respectively are, be p andp, then 
since the weight of the column is the sum of the weights 
of the two parts PQ, and Q,P^ if a be taken small enough, 
this will become gpha^ gph'a, hence we get 

ff(ph + ph!)^p^p, 

that is, pA + ph' is a constant quantity wherever in AB, 
P be taken ; hxA h + h' being the perpendicular distance 
between two horizontal planes, must also be constant ; 
therefore h and h' must each of them be constant quan- 
tities, or, in other words, Q must be always in a horizontal 
plane, which proves the proposition. 

33. If two heavy fluids each of uniform density be 
placed, one in each of two tubes or vessels which com- 
municate with each other, the heights of their upper or 
free surfaces above their common plane of contact will 
be inversely as their densities : 

Suppose h and A' to be these heights, p and p the 
densities of the corresponding fluids : now the pressure 
at any point at a depth h below the surface of the first 
fluid is gph; similarly the pressure due to a depth A' 
below the surface of the second is gph'; but either of 
these estimates must give us the pressure at a point in the 
plane of contact, hence they must be the same ; (Art. 14) 

A ' 
.'. oh « p'A', or 77 » ^ . 
' ' ho 

4 . . * 



EXAMPIiES. 27 







- 


4 






J9 




Jg 


r^" 


. 


^3"=rz-':r 


: =- 


— 








1 


IM 


=^=r^^ 


^ 1 



EXAMPLES TO SECTION 11. 

(l) Let ^-BC be a rigid pipe of small bore, com- 
municating at C with a vessel 
DCE, whose top DE is move- 
able up and down by some 
means which allows of the 
vessel remaining water-tight : 
it may be a piston fitting 
closely to a cylinder, or it 
may be more simply a board 
connected with the bottom by 
leather sides. K the whole of this be filled with water, 
it is found that a man may easily support himself upon 
DE, by merely closing the top of AB with his finger, 
or he may even raise himself by blowing into AB from 
his mouth. This phenomenon is sometimes called the 
Hydrostatic Paradox : explain it. 

When the man applies his finger to A, he presses 

the surface of the water in the pipe witfr a certain force, 

which (by Art. 7), is thence transmitted through the 

fluid to every portion of surface in contact with it : if 

then a be the cross section of the tube at A and P the 

force he applies, a force equal to P will be transmitted 

to every portion of DE which is equal to o v but if A 

A 
be the whole area of DE, it contains — such portions ; 

a 

A 
therefore the whole force applied upwards to DE = — P, 

a 

which may be quite large enough to support the rnan's 

weight, although P is small, provided the area a be 
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A 

small compared with A^ and therefore the fraction — 

a 

a very large number. 

If P be increased beyond this previously supposed 

value, by blowing or otherwise, the man will evidently 

raise himself. 

(2) The pressuit at a point P within a body of 
water, under the action of gravity only, is 50 lbs., given 
that the weight of a cubic foot of water is lOOOozs., 
and that the unit of area is a square foot, find the 
depth of P below the surface. 

Let « be this depth in feet, then (by Art. 13) if p 
be the density of the water and p the pressure at P : 

V ■* Sp^ =* 50 lbs. by the question (l). 

Now the weight of F cubic feet of the water would 
be gp r, (Art. 10.) 

.*. the weight of l cubic foot ^gp^ lOOOozs., by the 
question ; 

.% by substitution in (l), 
z X lOOOozs. B 50lbs. « 50 X l6ozs. ; 

^^9^ inches. 

(3) A cylinder is immersed in water in such a way 
that its axis is vertical and its top is just level with the 
surface ; find the total normal pressure upon its bottom 
and sides. 

By Art. (l6), this total pressure is equal to the 
weight of a cylindrical column of water whose base 
equals the area of the given surface pressed, and whose 
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height is equal to the depth of the center of gravity of 
this given surface below the surface of the water. 

But if r be the radius of the base and h the height 
of our cylinder, the area of the surface pressed is 

■i area of base + area of sides 
= Trr* + 27rrA. 

Again, the depth of the center of gravity of this 
pressed surface below the top of the water 

7rr*.A + 27rrA.— 

2 



irT^ + ^Tvrh 



.'. the column of fluid whose weight is sought has a 
volume 

( 7rr*A + 27rr —J 
« (Trr* + 27rrA) x - 



ttt* + 27rri 



= 7rr*A + 27rr — ; 

2 



••. the pressure required is gp f Trr* A + 29rr — j 

« TTgprh (r + A), 
p being the density of the water. 

(4) A triangle ABC is immersed in a fluid, its plane 
being vertical and the side JB in the surface : if 
be the center of the circumscribing circle, prove that 
the pressure on the triangle OCA : pressure on triangle 
OCB :: sin 2J5 : sin 2 A. 
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The pressures on the 
two triangles will be to 
each other in the same 
proportion as the pro- 
duct of the area of each 
triangle into the depth 
of its center of gravity 
below AB; (Art. 16). 

But if g and g be 
these centers of gravity, 
they will divide the lines 
Ok, Oly drawn frooL O to the points of bisection oi AC 
and BC respectively, in the same proportion ; therefore 
they will be in a straight line parallel to that joining k 
and I, £tnd therefore parallel to AB. 

Hence the pressures required will be as the areas 
only, i. e. pressure on OCA : pressure on OCB 

:: area OCA : area OCB 
sin AOC X sm BOC 
sin ^ABC : sin ^BAC. 










Q. E. D. 

(5) A regular hexagon is immersed vertically in a 
fluid, so that one side coincides with the surface ; com- 
pare the pressures on the triangles into which it is 
divided by lines drawn from its center to the angular 
points. 

(6) A cylinder whose height is 4 feet is sunk in 
water with the axis vertical till its upper face is 805 feet 
below the surface and the pressure on the top is found 
to be 35 lbs ; find the pressure on the lower face, neglect- 
ing the pressure of the atmosphere. 
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(7) Find the whole pressure on a square immersed 
in a fluid with one comer in the surface, one diagonal 
horizontal and the other inclined at an angle a to the 
vertical. 

(8) A vessel containing water is placed on a table ; 
supposing the vessel of such a shape that only half the 
fluid is vertically over its base, what is the pressure on 
the base ? Is this the pressure on the table ? Explain 
your answer. 

The reasoning of Art. (4) aided by a reference to 
the second figure of Art. (14) will explain how a rigid 
surface may supply the place of a vertical column of 
fluid. The rigidity is the result of internal forces, and 
does not affect the pressure on the table. (See Art. 56.) 

(9) The same quantity of fluid which will just fill a 
hollow cone is poured into a cylinder whose base equals 
that of the cone : compare the pressures on the bases, 
the axes of both vessels being vertical. 

If the cone and cylinder be resting on a horizontal 
plane state how the pressures on this plane will be affect- 
ed, and explain the case fully. 

(10) Suppose a pound weight of a substance twice 
as specifically heavy as water to be hung into the water 
contained in a vessel, which is standing on a table, by 
a string not attached to the vessel, what would be the 
increase of pressure on the table ? 

(11) A cylinder of given radius, height, and specific 
gravity, is partially immersed with its axis vertical in 
water, being held up by a string which is attached by one 
end to its top, and by the other to a fixed point vertically 
above the cylinder ; supposing the string to stretch 1 inch 
for every 5 lbs. which it supports, and that its unstretched 
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length a feet, just allows the bottom of the cylinder to 
touch the water, and that a cubic foot of water weighs 
lOOOozs, find the depth of inunersion. 

Let this depth be z feet : also let h be the height of 
the cylinder and r the radius of its base in feet, a its 
specific gravity. 

Then the volume of water displaced by the cylinder 
h irr^x cubic feet, and therefore the weight of it, which 
is the same as the resultant of the fluid pressures upwards 
upon the cylinder, must be (Art. 17) 

= irf^z — T-lbs. 
16 

Also since the string is stretched z feet, its tension 
must by question, 

«» IZz X 5 lbs. 

Now these two forces, each acting vertically upwards 

upon the cylinder through its center of gravity, and the 

weight of the cylinder itself acting vertically downwards 

through the same point, are the only forces which are 

acting upon the cylinder, therefore, for equilibrium it is 

only necessary that the sum of the first two equal the 

1000 
last, but the weight of the cylinder = irr*A x <r x — -r- lbs. 

10 

/ .1000 ^ \ ,^ 1000 

.'. « Trr*— — -+60 =^ir(r'irhx~~\ 
\ 16 J 16 

or «f = feet. 

25 

It should be observed that all the symbols here used 
are necessarily by the statement numerical quantities. 
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(12) What weight is just sufficient to hold down a 
spherical balloon containing 2500 cubic feet of hydrogen 
gas (specific gravity .069) supposing the weight of the 
material inclosing the gas 4lbs. and the weight of a 
cubic foot of common air 1.1 oz. ? : .\ 

(is) .A cylinder which floats in water under an ex- 
hausted receiver has ^ of its axis immersed; find the 
alteration in the depth, of immersion "v^hen air, whose 
specific gravity is .0013, is admitted. 

(14) A cone 7 inches in height and 2 inches in dia- 
meter at its base is attached to a hemisphere of equal 
diameter : the specific gravity of the cone is 1.5, that of 
the hemisphere is 1.75, find the specific gravity of the 
fluid in which this compound body will sink to a depth 
of 3 inches. 

(15) When SOozs. of an acid J whose specific gra-> 
vity is 1.5 are mixed with 35ozs. of an acid B whose 
specific gravity is 1.25, and with 35 ozs. of water, the spe-* 
cific gravity of the resulting mixture is found to be 
1.35 ; find the contraction of volume, assuming the spe- 
cific gravity of water to be l, and the weight of a cubic 
foot of its volume to be lOOOozs. 

The volume of 35 ozs. of water = — — cubic feet. 



.30 



1000 

30 



35 •..wr... B 



1.5 X 1000 
35 



1.25 X 1000 

3 
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Also the volume of the lOOozs. of mixture 

100 



1.35 X 1000 

•*. the loss of Yolume is 



cubic feet ; 



/ 80 85 100 \ 1 , . ^ , 

1 85 + — H 1 cubic feet, 

\ 1.5 1.25 1.35/ 1000 

(16) A man whose weight is 1 68 lbs. can just float 
in water when a certain quantity of cork is attached to 
him. Given that his specific gravity is 1.12, that of 
cork .24, and that of water 1, find the quantity of cork 
in cubic feet, assuming a cubic foot of water to weigh 
lOOOozs. 

Let F be the required number of cubic feet of cork, 

1000 

then F X .24 X — -- + l68 is the weight of the man and 

16 ^ 

cork together in lbs. 

By the question this must be just equal to the weight 

of the same volume of water ; and the volume of the 

man in cubic feet is , because each cubic 

1 .12 X 1000 
foot of him weighs 1.12xl000ozs.9 (Art. 11.) and his 
whole weight is given to be 1 68 lbs. ; 

/„ I68xl6 \ 1000,^ f„ 1000 \„ 

••• r-^ 1.18xlOOo) -l6-^^- - r "" •'* '^ l6-+»^)^^' 

^ 1000 ^ 168 

F(l-J24) — ;:'-l68 

^ ^16 1.12 

— x 168, 

112 ' 
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SS 



16 X 12 X 168 16 X 12 X l68 



112 X .76 X 1000 



112 X 760 
6 X 168 6 X 42 



• • 



7 X 380 7 X 95 
V = .37895 of a cubic foot. 

(17) If in a circular tube two fluids be placed so as 
to occupy 90» each, and 
if the diameter joining 
the two open surfaces 
be inclined at 6(fi to 
the verticali prove that 
the densities are as 
\/3 + 1 : y/s - 1. 

Let JCBD be the 
tube ; JD, BD the por- 
tions of it occupied by 
the two fluids whose 
specific gravities may be 
represented by p and p 
respectively : if the diameter AOB be drawn^ it will be 
inclined to the vertical at an angle 60^ Let the hori- 
zontal line through Dy the common surface of the two 
fluids, meet the verticals through A, O and B respectively 
in My Ny and P, and draw Afy Bg perpendicular to ON. 

Then, by (Art. SS\ 

OD sin 60»+ OB cos 6o» 




p BP^ ON-hOg 
^''^ AM^ ON-^ Of 



OD sm 6o» - OA cos 60° 
tan60o+ 1 
tan 60°- 1 

y/i+i 
\/s-i 
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(18) Equal volumes of oil and alcohol are poured 
into a circular tube so as to fill half the circle, shew 
that the common surface rests at a point whose angular 
distance from the lower point is tan'^-^^^; the specific 
gravities of oil and alcohol being .915 and ,795. 

(19) A body P weighs lOlbs. in air tod 7 lbs. in a 
duid A: if it be attached to a denser body Q and then 
suspended in another fluid B, the apparent weight of 
both bodies is 5 lbs. less than that of Q alone ; compare 
the specific gravities of J and B. 

(20) A cone floats in fluid with its axis vertical, the 
vertex being downwards and half its axis immersed, 
compare the specific gravity of the cone with that of 
the fluid. 

(21) The specific gravities of sea-water, olive-oil, and 
alcohol are l.OS?? .91^9 and .795 ; the oil and alcohol have 
depths one inch and two inches above the water. Find 
the pressure on 3 square inches of a plane surface which 
is immersed horizontally at a depth of 5 inches below 
the upper surface of the oil : the weight of a cubic foot 
of distilled watei^ being lOOOozs. 

(22) If 8 be the specific gravity of a body whose 
bulk is n cubic inches and weight mozs., then 

m X 1728 = 1000 X n X 9. 

(23) Two substances whose weights in air are known 
are found to balance one another in water : compare 
their specific gravities. 

(24) The specific gravity of zinc is 6.862, what is the 
weight of the water displaced by a portion of it, which 
when immersed weighs 5.86j2lbs.? 
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(25) The volume between two successive divisions 
of the stem of a hydrometer being xsW*^ P^^ ^^ ^^ 
bulk of the whole instrument, if it floats in water with 
20 divisipns above the surface, how many divisions would 
be above the surface of alcohol, (specific gravity ,79) ? 

(S6) A hydrometer that weighs 250 grains, requires 
94 grains to sink it in water to the requisite point, 
and 8 grains in naphtha; when a substance is placed 
successively in the upper and lower cup, l^ grains and 14 
grains are respectively sufficient to sink the instrument 
in naphtha to the requisite point ; required the specific 
gravity of the substance. 

(27) How many inches are there in the edge of a 
cubical xnass of coal which weighs 1 ton, its specific 
gravity being 1.12 ; and what is the specific gravity of 
silver one cubic inch of which weighs 6.1 ozs. ; also what 
is the weight in ozs. of 30 cubic inches of mercury, its 
specific gravity being 13.6? 

(28) If Wi Wz tDz he the apparent weights of a body 
when weighed in three fluids whose densities are respec* 
tively pi p2 p^f shew that 

^\ (p3 - f>«) + ^2 (pi - /t>3) + w's (p2 - pi) - 0. 

(29) Two metals of which the specific gravities are 
11.22 and 7.25 when mixed in certain proportions without 
condensation form an alloy whose specific gravity is 8.72 ; 
find the proportion by volume of the metals in the alloy, 

(30) A small vessel when entirely filled with distilled 
water weighs 530 grains ; 26 grains of sand are thrown 
into the vessel, and the whole then weighs BisG grains. 
Shew that the specific gravity of the sand is 2.6. 
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(31) A crystal of saltpetre weighs 19 grains : when 
covered with wax (the specific gravity of which is .96) 
the whole weighs 43 grains in vacuo and 8 grains in water. 
Shew that the specific gravity of saltpetre is 1.9* 

(32) 37 lbs. of tin loses 5 lbs. in water, 23 lbs. of lead 
loses 2 lbs. in water, a composition of lead and tin weighing 
I20lbs. loses 14lbs. in water, find the proportion of lead 
to tin in the composition. 

(S3) A solid hemisphere turning round a fixed hori- 
zontal axis fits into a fixed hemispherical cup : shew that 
if the hemisphere be turned through any angle, and the 
cup then filled up with fluid of double the specific gravity 
of the solid, the solid will rest in that position. 

Let JDB be a section of the hemispherical cup made 




D 

by the plane of the paper, perpendicular to the fixed 
axis about which the solid turns, C this axis, and HDBK' 
the solid turned through any angle ACH. If the part 
AHCoi the cup be now filled up with fiuid whose specific 
gravity is double that of the solid, equilibrium will be 
preserved* 
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For it is manifest that equilibrium would obtain, if 
the space HCK were filled up with a portion of the 
same substance as the solid hemisphere. Also since the 
centres of gravity of the two figures HCA^ ACK are 
necessarily in the same vertical line, the effect of HCK 
in producing equilibrium must be the same as a uniform 
solid HCA whose weight is equal to the sum of the weights 
of HCA and ACK together, i. e. as a uniform solid 
HCA having double the specific gravity of the given solid. 
But since AC is horizontal no new circumstances affecting 
the pressure on HC would be introduced by supposing 
this solid to become liquid, which would produce the 
proposed case : hence the truth of the proposition. 

(34) Is it advantageous to a buyer of diamonds that 
the weighing of them should be made when the baro- 
meter is high or when it is low, supposing their specific 
gravity to be less than that of the substance used as the 
weight ? (Art. 28.) 
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ELASTIC FLUIDS. 

I 

34. Elastic fluids are either permanent gases, or 
vapours which upon a sufficient reduction of temperature 
assume the state of liquids : of these last steam may 
afford an example. There is however no hydrostatical 
distinction between gases and vapours, indeed there is 
every reason to think that they only differ physically 
in iJie range of circumstances under which they may 
be severally considered permanent. 
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As in inelastic fluids, the pressure at any point within 
an elastic fluid is due partly to the transmission of forces 
from the surfaces of the fluid, according to the hiw of 
(Art. 7)* and partly to the direct action, at that point, 
of gravity or any other external force; but the one 
great distinction between the two kinds of fluids is, that 
in the inelastic this pressure does not alter the relative 
distances of the adjacent particles from each other ; they 
appear capable of affording reactions to any required 
amount, as is the case with rigid surfaces in contact, 
without their geometrical relations to each other being 
affected; while in elastic fluids, the reactions between 
adjacent particles seem to depend upon their mutual 
distances, the greater the force thus required to be 
called forth the nearer the particles approach each 
other, and the smaller the volume of the mass becomes 
(Art. 8) ; upon the diminution of this force they again 
recede, and the volume increases. The resultant of 
these reactions may therefore very well be termed the 
elastic farce of the fluid at that point ; an experiment 
directed to ascertain its relation to the state of com- 
pression of the particles^ i. e. to the density of the fluid, 
will presently be described, 

35. The weight of elastic fluids such as air, is 
generally for the ordinary volumes and densities, which 
come under our notice, so smaU that it may be entirely 
omitted in comparison with the transmitted forces ; the 
pressure then becomes uniform for every point through- 
out the mass, unless the circumstances of the case intro* 
duce other external forces. But the efibct of gravity 
upon the mass of air contained in the enormous volume 
of the atmosphere produces a pressiure at ^he earth's 
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surface which can never be neglected ; its amount may 
be easily estimated by the aid of 



The Barometer^ 




B 



36. Suppose a tube BA of considerable 
length and filled with mercury, to be inverted 
into a vessel DG also containing mercury; 
then if the end B remain closed and A be 
opened, the mercury in the tube will be ob- 
served to sink to a certain point C and no 
farther, leaving a vacuum in the upper part 
BC of the tube ; let DKE be the common sur- 
face of the external air and the mercury ; then 
the pressure at every point of this must be the 
same (Art. 14) ; that at any point without the 
tube is due to the weight of the atmosphere, 
call it n> and at any point within the tube it 
is due to the weight of the column CJTof mer- 
cury, hence if <r be the specific gravity of mercury, and h 
be the vertical height of iCC, we must have (Art. 13), 

Any such instrument, as we have here described, 
furnished with graduations or any other means of ob-i 
serving the length KC or A, is called a Barometer. It 
is obvious that any other heavy inelastic fluid might 
be used instead of mercury, but as h varies inversely as 
0- for a given value of 11, it is always advantageous to 
employ as heavy a fluid as possible, because the instru- 
ment becomes Very awkward when BK is required to 
be long ; even with mercury the length of h is about SO 
inches for the ordinary pressure of the atmosphere. 
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n' 



37. The daatie force of air at a given temperaiure 
varies inversely as the volume which it occupies. 

This law, which is generally called Boyle's Law, after 
its discoverer, is verified by the following experiment. 

Let a tube, bent so that its two branches AB and 
BC are parallel, be partially filled with mer- 
cury, and placed so that each branch is 
vertical; the mercury will then stand at 
the same level, DE^ in each of them ; let 
the extremity C of the branch ^C7 be now 
closed ; the pressure at every point of the 
air thus shut in CE is uniform (Art. 35), 
and of course equal to the atmospheric 
pressure ; now let more mercury be poured 
into the open end A\ this will cause the 
surface of the mercury to rise both in BA 
and BCf but unequally: the point Fy to 
which it ascends in BC^ being much lower 
than £r, which it attains in AB. It is always 
found upon ascertaining the volumes CF 
and CE^ which may be done by weighing 
the mercury which they would separately 
contain, and upon measuring the vertical length FG^ 
that if A be the height of the barometer observed at 
the time of making the experiment, 

h + FG Yol.CE 

h " voTCF* 

But if 0- be the specific gravity of the mercury, 11 the 
pressure of air in CE before the additional mercury was 
poured in, since, as above remarked, this must equal the 
pressure of the atmosphere^ 

n-o-A. 



lyi 



a 
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Also if n' be the pressure of the air when compressed 
into the space CF, since this mast he the same as that 
of the mercury at the level F in the tube, and therefore 
equal to the atmospheric pressure at G, together with 
the weight of the column FG, 

n' - <tA + aFG - (T (A + FG), 

rr h + FG 
'"* n " A 

Tol.C-g 
" TOl.CJ-* 

Therefore when compressed the elastic force 
of air is inversely as the space which it occu- 
pies. 

Next let the experiment be so far altered 
that instead of the step of pouring more 
mercury into A, a portion of the mercury 
already in the tube be remored; F and G 
may, as before, represent the surfaces of the 
mercury in BC and BA respectively, but in v^ 
this case F will be higher than G, and both ■ 

of tiiem lower than DE. 

Upon measuring as before, it will now be found 
that 

. h~FO vo\.CE 
h 'vfA.CF' 

Also n and 11' having the same meaning as before, 
n-ffA; 
and because 11' is the pressure at F, and therefore 
less than the atmospheric pressure at G by the weight 
of the column of m^cury FG, 
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n'-a(A-GF), 

n' vol. CE 

hence — ■ • 

n vol. CF 

And therefore the Law enunciated holds equally whether 
the air is compressed or expanded. 

It can in a similar way be proved true for all other 
elastic fluids. 

38. As the density of the same quantity of an 
elastic fluid varies inversely as the space which it occu- 
pies, we may put the above kw into a more convenient 
form, and say, that the pressure at any point within a 
portion of uniform and elastic fluid varies as the den- 
sity of that portion, or, since it is quite unimportant 
how large this portion may be, we arrive at the general 
conclusion, that if ^ be the pressure at any point of an 
elastic fluid, and p the density of the fluid at that point, 
then 

where k is constant for the same fluid at the same tern* 
perature ; its value may be ascertained by experiment. 

The formula which connects p and p when the tern-* 
perature of the fluid varies will be the subject of inves- 
tigation in Section Y. 

39. By the aid of this result we may discover the 
law of variation of the density of the atmosphere in 
reference to the elevation above the earth's surface, 
supposing the temperature to be constant, and the force 
of gravity to be the same as that at the earth's surface. 

Suppose the atmosphere up to any proposed height 
S6 feet from the earth, to be divided into a great 
number of horizontal layers of equal thickness r; by 
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taking this number, (which may be represented by n) 
large enough, t may be made so small that the density 
throughout each layer may be considered approximately 
unifonn, and equal to that at its lowest point; let p^ 
represent generally the density at the lowest point of 
the 8^^ layer, reckoning upwards from the earth's surface, 
Pg the pressure at the satiie point, k the known constant 
proportion for air at the given temperature between the 
pressure and the density : then (Art. 38.) 

P,^i = fcpi-v 

Also, since the pressure at the bottom of each layer 
must support the weight of. all the superincumbent 
atmosphere, the difference between jp, and jp,_j, must be 
equal to the weight of the intervening column of air, 
whose height is r, and approximate density ^o^.p so that 

Ps'i - P* = gPi'X'T, nearly ; 
/. by substitution, 

* (Pi-i -" ps) * M'rpi-19 

a ratio which is constant and less than unity, and there^ 
fore the densities of the successive layers, proceeding 
upwards froni the earth's surface, form the terms of a 
decreasing geometric series.. 

If « be the height above the earth's surface of the 
top of the w'*^ layer, a convenient form may be found 
for comparing the densities at the two hdights ss and z\ 
which .will indicate a means of finding by the aid of 
the barometer the difference between them. 
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Writing down the ratios of all the successive den^ 
sities between a and x' we have 

i^--? 0). 

^■^-'i («)• 

&C. m &C. 

= 1 — -7- (»- n). 

Pm' A 

but « m nr, 
.'. n-w « -, 

T 

and, by substitution, 



p.' \ k J 



9-M 

^ T 



The smaller r is made, the more nearly does our 
reasoning approach the real case, and therefore the 
more nearly will this result be true. 

But putting for convenience « - « , the difference 
between the two heights, equal to ^, and expanding by 
the exponential theorem, 

V */ T & 1.2 V*/ 
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-^-- (-3(-«-:) 



A? 1.2 A* 1.2.3 ft* 

which, as T is made smaller and smaller and approaches 
zero, approaches to the value 

ft "^1.2"^^ 1.2.3 ft» '^®^' 

that is, the more nearly our supposed case approaches 
th^ real one, the more nearly true is the equation 

/>,. ft 1 . 2 ft« 

-6"* 

We may therefore take this to be the true value of 
the ratio between the densities of the air at two heights, 
X and s/ feet above the earth's surface, upon the sup- 
position of gravity and temperature being both constant. 

40. If k and h' be the observed heights of the 
barometer at places whose elevations above the earth's 
surface are % and x\ these must be proportional to the 
pressures, and therefore to the densities of the atmo« 
sphere at those places, hence 

.'. « - jr a 

g 

a formula from which the difference between the heights 
above the earth of the two places, x and x' may be rea- 
dily found. 



^-(x)• 



4& 
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It need ha):dly be observed that the lengths «^z\ r.h.hf 
are all necessarily estimated in terms of the same unit. 

In practically finding the height of a place by baro- 
metrical observation^ the variation in temperature and in 
gravity cannot be neglected; the hygrometrical state, too, 
of the atmosphere must be considered; for these reasons 
the preceding formida cannot be directly made use of, 
but the method by which it was obtained sufficiently well 
illustrates the principles followed in the general case. 

41. The instruments whose description fills up the 
remainder of this section are some of those whose action 
depends upon hydrostatical principles. 

The Air Pump 

is employed to exhaust the air from a closed vessel 
called a receiver. There are many modifications of this 
instrument, but the principles upon which they all de- 
pend, and the parts of them essential to their working, 
are illustrated by the annexed figure. 

A is the receiver, generally a large glass vessel, 
having its edges ground 
very smooth ; it is placed 
upon a polished plat- 
form, through which it 
communicates by the 
tube HC with the cy- 
linder B ; DE is a pis- 
ton closely fitting this 
cylinder and worked by 
the rod G; in the pis- 
ton DE and at the ex- 
tremity of the tube HC 
are the valves C and jP, both opening outwards. 




W!^!m;<mfmmmimmpfm>z^ 
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Suppose the receiver A to be full of air at atmo- 
spheric pressure, and the piston DE to be at the bottom 
of the cylinder B : next suppose DE to be drawn up 
by the rod G\ as it rises the valve F must remain shut, 
for it will be pressed in by the external atmosphere, 
therefore no air can enter B from without, and C being 
thus free from any downward pressure, will be opened 
by the pressure from the air within the cylinder A ; 
hence this air will flow into J9, and when DE gets to 
the top of the cylinder, the quantity of air which at 
first filled A alone will fill A and B together ; and there- 
fore the quantity which is now in A^ is to the quantity 
which was there at first, as is J : A-^ B, A and B re- 
presenting the volumes of A and B. Now suppose DE 
to descend; C immediately shuts, and the air in £ being 
compressed by the descent of DE, overcomes the pres- 
sure, of the external air upon F and therefore opens the 
valve and escapes, the air in J remaining undisturbed; 
hence when the piston has returned to its first position at 
the bottom of the cylinder, or, as it is usually termed, has 
completed its stroke, 

quantity of air in J at end of stroke 

J 

« --J X (quantity there at beginning.) 

A + B 

By a repetition of the strokes, the quantity of air 
in A may be diminished in the same proportion every 
time, and by proceeding long enough, although we 
cannot reduce it to absolute zero, we may make it as 
small as we like. 

42. If Q, Qi, ... Q^ represent the mass of the air in 
A originally, and at the end of the first, second, and n^^ 
strokes respectively, we have from the above reasoning 

4 
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«-7T«« <■> 

^•-STb'^ «• 

Q.--; 0.^1 In). 



/. by multiplication, 

A ^« 



*-(34^)* 



Also, if pyp\:.pn represent the densities of the air in A 
at these times respectively, since the density varies as 
the mass in the same volume 



C' = [jTi) f- 



43. It mil be remarked that, for the effective 
working of this instrument, the valve F must open as 
DE descends, and shut when it rises, while just the 
reverse must be the case with C. The first will clearly 
be insured if DE be made to fit very closely to the bottom 
of the cylinder, for by that means, however small the 
quantity of air in B, as DE descends, it will always at the 
end of the stroke be so compressed that its elastic force 
upwards shall exceed the pressure of the external atmo- 
sphere upon F together with jPs own weight, which are 
the two forces tending to keep F shut ; and it is manifest 
that as DE rises, the first of these two forces acting 
downwards on F is greater than that of the rarefied air 
in A and B, and hence F will never open at this stage. 
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As regards C, when DE first moves towards the top of 
the cylinder, there will be no air to press it downwards 
from B, and the sole force acting upon it from that 
direction will be its own weight ; if therefore the elasti- 
city of the air left in A can overcome thiB, the valve 
must open and admit a portion of the air into B, which 
will be very approximately of the same density as that 
left in A, the only check to the equalization being the 
weight of C : hence clearly there will be no difficulty 
about Cs shutting as D descends. It thus appears that 
the weight of C is the only cause which limits the amount 
of exhaustion capable of being produced in A. In con- 
sidering the action of the valves friction ought not 
perhaps to be neglected, but in the kind of valve most 
generally used, which is merely a square or triangular 
piece of oiled silk fastened by its corners over a wire 
grating, it seems to be reduced to an extremely small 
amount. 



44. The force, required in an 
instrument of the above construction, 
to draw up the piston, is the difference 
between the pressure downwards of 
the external atmosphere upon DE 
and that of the rarefied air in B upon 
the same surface upwards : at every 
stroke this difference increases and 
soon becomes very considerable ; of 
course the same force acts in aid of 
the downward stroke, when it is not 
wanted : Hawksbe^s air pump is dis- 
tinguished by a contrivance which 
neutralizes these forces : the annexed 
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a portion of it ; two cylinders B and ff of exactly the 
same dimensions and provided with valves and piston- 
rods, as before described, communicate by pipes lead- 
ing from the lower valves C with the same receiver H. 
Both piston-rods are worked by the same crank and 
toothed wheel, and consequently as one ascends the other 
descends; the atmospheric pressure there- 
fore which retards the ascending one is 
exactly balanced by that which accele- k 
rates the descent of the other. 



45. In Smeaton^s air-pump one cylin- 
der only is used, but this is provided 
with a valve K at its upper extremity 
opening outwards : the effect of this is to 
take off the external atmospheric pressure 
during a part of the stroke. 

46. The Condenser^ 

as its name denotes, is employed to force 
air into a vessel or receiver up to any 
required density. The annexed figure 
represents it. 

A is the receiver, generaUy a very 
strong hollow copper sphere ; J? is a hollow 
cylinder within which a piston DE works, 
carrying a valve F which opens downwards: 
JSand A communicate by means of a pipe, 
at the orifice of which is a valve C also 
opening downwards; the piston DE is 
worked up and down by means of the 
rod G. 

Suppose A and B to be filled with air 
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at atmospheric pressure, then as DE descends, F shuts 
and C opens, and thus the air which was initially in £ is 
forced into J : when DE begins to rise the pressure 
of the air in J shuts C, so that during the whole ascent 
the quantity of air in A remains unaltered, but mean- 
while F opens, and at the end of the stroke B is again 
as at first full of air at atmospheric pressure ; hence 
it is clear that by a repetition of this process, at 
every complete stroke a quantity of air equal to that 
contained by B at atmospheric pressure will be forced 
into J. Hence if A and B represent the volumes of A 
and B respectively, and if Q be the quantity of air esti* 
mated by its mass, which is contained in A at atmo-^ 

spheric pressure, then since — Q will be what B contains 

at atmospheric pressure, after n strokes A will contain 

B 

the quantity Q + n-^ Q: or, representing this by Q„ 



Q.-q(i+w-). 



If p^ and p represent the corresponding densities^ 



P 



n 



B 

'— a 1 + n -- • 
p A 



The Common Pump. 

47. The construction of this pump is explained 
in the annexed figure: AB is a cylinder in which a 
tight fitting piston EF is worked by means of a rod 
H; EF carries a valve G which opens upwards, and 
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at the bottom of the cylinder is a valve D also opeiu 

ing upwards, and covering the orifice 

of a pipe D which communicates with 

a reservoir of water at /: BC is the 

highest range of the piston, and JT is ic 

an open spout. 

For the explanation of the working 
of this pump, suppose JEF to be at J the 
bottom of the cylinder; then when it 
begins to rise, there being no longer 
any downward pressure upon D, the air 
in £>I will open it by its elasticity and 
will flow into the space between A and 
EF; it will thus become rarefied, and 
therefore its pressure upon the water 
within the pipe DI will be less than 
that of the atmosphere upon the external surface of 
the water ; the water will consequently be forced a little 
way up the pipe, until the pressure due to the rarefied 
air and this column of water is equal to that of the 
atmosphere. Since the air in the pipe becomes more and 
more rarefied ais EF ascends, until it has attained its 
greatest height BC, the column of water in the pipe 
will all this time be continually increasing. When EF 
descends, 2> will shut, and, as in the air-pump, the air 
between EF and J will be gradually condensed until it 
opens the valve G, and entirely escapes by it, while the 
condition of the air and water in the pipe DI will remain 
unchanged. When EF has returned to A the stroke is 
completed, and it is easy to see that a repetition of it 
will cause the water to rise gfradually higher and higher 
in DI, until at length it will enter the cylinder BA : the 
next rise of the piston will, of course, remove all the air 
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remaining above the surface of the water in BA tc^ether 
with some of the water itself, and ever after, provided 
AD be not higher above the surface of the water I than 
the height of the column of water required to balance 
the atmosphere, the water in the pipe will follow the 
rise of the piston up to same level in BA, and henoe 
at every successive stroke the piston which returns 
through this without uisturbing' it will lift out at the 
spout K the quantity of water contained above A. 

The cause which makes the water rise in the pump 
is, as appears by the above explanation, the excess of the 
atmospheric pressure upon the surface of the external 
water, above the pressure of the rarefied air upon the 
internal water, and therefore the extreme limit to which 
this internal water can rise, is the height of the column 
in the water barometer, or about 32 feet : but it is clearly 
necessary, for even a partial working of the machine, 
that the free surface of the water within the pipe should 
come above A ; hence it is essential that the lower part 
of the cylinder of a pump be at a distance less than 
32 feet from the surface of the reservoir, from which it 
is required to raise the water. 

48. If a be the area of the piston EF, the force 
employed by means of the rod Hto raise it at any stroke, 
is, omitting the consideration of friction, equal to the 
difference between the pressure upon a of the external 
air downwards and the pressure upon a of the internal 
rarefied air upwards ; now if <r be the specific gravity of 
water, h the height of the water barometer, the pressure 
of the air is <rA : also if P be the height of the water in 
the pipe at the time of the stroke, the pressure of the 
rarefied air at the piston being the Bame as that at P, 
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must be the same as that externally at / diminished by 
that due to the column PI; it therefore equals ah — a PI 
^aih^PI). 

therefore pressure downwards upon piston ^aka 

upwards » a{h - Pi) a 

.\ the tension of the rod which is the difference be- 
tween these 

-crP/a 

» weight of column of water whose base is EF 
and height PL 



49. The Lifting Pump 

is the same as the common pump, except k 
that the rod H plays through a water-tight 
socket, and the spout K is replaced by a 
pipe of any required length, provided at 
its junction with the cylinder with a valve 
i, which opens outwards. It is evident 
that as the piston descends this valve will 
shut and prevent the water, raised into the 
pipe K by the previous ascent of the piston, 
from returning, and hence every stroke will 
lift more water into K until it be raised to 
any required height. 




50. The Forcing Pump 

is another modification of the pump, by which water 
may be raised to any height. In this case the piston 
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EF contains no valve, but is quite solid : 
at the bottom of the cylinder BJ enters 
u pipe MN of any length whatever, pro- 
vided with a valve M which opens out- 
wards. At the descent of the piston D 
shuts and the water between EF and A 
li/oretd up the pipe MN; upon the rise 
of the piston the return of the water from 
MN is prevented by the valve M. 

Bramah'a PresB. 



T 



51. The annexed figure represents this machine: 
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^ is a very large solid cylinder or piston, working 
freely through a water-tight collar EE into a hollow 
cylinder EFGH\ A supports a large platform BCy which 
is carried up or down by the ascent or descent of A. 
At £r is a pipe whose orifice is covered by a valve open- 
ing into the large cylinder GH and which leads into a 
smaller cylinder LMi in this cylinder works a piston 
L by means of a rod iV, and at the bottom is a pipe 
leading to a reservoir of water and covered by a valve 
M which opens into the cylinder LM. 

Suppose both cylinders to be filled with water and 
the valve Jf to be closed ; if then a force be applied to 
the piston Z, it will be transmitted through the fluid to 
all surfaces in contact with it, and therefore to the lower 
surface oi A\ by this means A will be pushed upwards, 
and any substance placed upon the platform may be 
pressed against a fixed framework DK\ when L has 
arrived at the bottom of the cylinder it can be drawn 
back, the water in GH will then be prevented from 
returning by the valve jBT, and water will also be pumped 
through M into the cylinder LM\ L may now again be 
forced down, and therefore A be raised higher, until the 
substance between BC and DK has been sufficiently 
compressed. This machine may also be employed for 
the purpose of producing tension, in rods and chains, 
&c., by rigidly attaching a piston-rod to the lower part 
of J, which should pass through a water-tight collar in 
the bottom of the cylinder GF^ and carry a ring at its 
outer extremity, to which the rod or chain to be 
strained may be connected. 

The pressure exerted by A may at any instant be 
removed by unscrewing a cock at G, by which means 
the water is allowed to escape. 
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Let W represent the force with which A is pressed 
upwards, during a stroke of L downwards, made under 
the action of a force F\ we may consider these forces 
as just balancing one another, and the pressure at all 
points of the water to be uniform, as the effect of gra- 
vity may be neglected in comparison with the pressure 
transmitted from F and W\ let this be represented by 
p ; if then r be the radius of the lower end of A^ r 
the radius of the surface of i, we have, 

TF= pressure on end of A ^ pirr^, 

F ts pressure L*^prrr^\ 

F /« 

• ^^ _« 

W 7^ 

If, moreover, as is usually the case, F is produced 
by the aid of a lever, whose arms are represented by 
a and a\ and the power by P, 

P o' 
P a /« 



VT a r^ 

This ratio may be rendered excessively small by 
reducing a and r as compared with a and r, and the 
only limit to the enormous force which this machine 
may be made to exert, is put by the strength of the 
materials of which it is framed. In the Press which was 
used at the construction of the Britannia tubular bridge, 
the large cylinder GF was many inches thick of cast 
iron, and yet at the first stroke the water was forced 
through its substance as if it had been a sponge. 
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Tlie Siphon. 

62. If a bent tube, as ABC, in the annexed figure, 
be filled with water, and then, 
both its extremitieB being closed 
to prevent the escape of the 
water, if it be inrerted and one 
of its ends A immersed in a 
vessel of water whose surface 
is exposed to atmospheric pres- 
sure, while the other C remains 
outside the vessel at a level 
lower than the surface D of the 
water in the vessel, and if, when 
in this position, the ends A and 
C be opened, the water will be 
observed to flow continuously from the vessel, along the 
tube and out at the extremity C, until the surface D 
has been lowered to the level of C A bent tube so 
employed is called a giphon. 

The explanation of this phenomenoi 
in the side of a cylinder GH con- q 
taining water, an orifice F be made 
below the level of the free surface 
GE, the water will of course flow 
out ; for the particles of fluid in- 
side at F are pressed outwards with 
a fluid pressure equal to the pressure of the atmosphere 
at the level AE together with that due to the height 
EF of water, while they are pressed inwards by the 
pressure of the air at F equal to the pressure of the 
atmosphere at the level E together with that due to 
the height EF of air; it is therefore on the whole 
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pressed oiUwards with a force proportional to the depth 
£JF, the proportion being the diflferenee between the 
specific gravities of water and air. The same would be 
true for a vessel of any shape, because, whenever a fluid 
is continuous throughout a vessel, and is acted upon 
by gravity alone, the pressures at the same level below 
the surface are the same in every portion of the fluid. 
In the first figure given above, the water in the tube 
and in the vessel forms one continuous mass, hence the 
pressure at all points in the same level, wherever taken, 
must be the same, and therefore the fluid pressure in 
the tube at C must be the same as the fluid pressure 
in the vessel at C\ C and C being in the same hori- 
zontal line : if then C be lower than the free surface 
2>, the water will flow out at C : by the removal of each 
particle of water, all resistance to the motion of the 
next behind it, under the pressure to which it is sub- 
jected, disappears, and thus a continuous stream will be 
produced towards C. 

If we further consider the pressure at different 
points in the tube ABO, for all those which are in the 
leg BC below the level of D it will, from what is said 
above, be greater than that of the outside atmosphere, 
and therefore if an aperture were made at any such 
point, the water would flow out as it does at C ; for all 
those, however, which are above this level in either leg, 
as for instance in any level -D', it must be less than that 
at D by the amount of the pressure due to the weight 
of the intervening column D'D of water, while the pres- 
sure of the exterior atmosphere in the same level differs 
from that at D by the weight of the same height of air 
only : hence the pressure of the fluid in the tube at the 
level jD' is less than the corresponding pressure of the 
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external air, and if therefore an aperture were made 
at any sucb point Z)', the air would flow in and drive 
the water out along each leg of the tube. 

The highest point B of the tube must not be more 
than 38 feet above the free surface D of the water in 
the vessel, otherwise the water in AB would not be 
supported. 

53. Perhaps the action of the siphon may be ad- 
vantageously illustrated by the 
consideration of the following 
case. 

ABSA' is a bent uniform 
tube with both branches paral- 
lel and vertical ; it is occupied 
by a fluid, (say water or air) and 
the whole is surrounded by an- 
other fluid, (say air or water) ; 
the two fluids are kept separate, 
if necessary, in the tubes by very 
thin laminae C and C', whose 
areas will be that of the section 
of the tube = a suppose. 

Let n represent the pressure at the level BS in 
the external fluid, u its specific gravity, <r' that of the 
fluid in the tube : IJ' the pressure of the tube BB ver- 
tically downwards upon the included fluid : then the 
pressure at the depth C in the external fluid is 11 + aBC, 
while at the same depth in the internal fluid is EI' +a-'.SC, 
hence the resultant pressure upwards upon the surface 
C, which is the diflerence between these two over each 
unit of area of a 

= {n - n' + BC (ff- ff')} a = P for shortness. 
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Similarly the pressure upwards upon the surface C 
- {n - n' + B^C (tr - a')} a~P'. 

Supposing n to be so large that each of these ex- 
pressions is positive when a- - a' is negative, we see 
that these pressures will always balance each other when 
BC=B'C, but that when one leg as SC is longer 
than the other BC, then P is greater or less than P', 
according as tr - o-' is negative or positive : thus if the 
interior fluid be water and the exterior air, as in the 
case of the siphon, <t ia less than a, and therefore P is 
greater than P, and the water will be pushed round 
from the shorter to the longer leg : if however the in- 
terior fluid be air and the outer water, a being then 
greater than a, P is greater than P, and therefore the air 
will be pushed round from the longer to the shorter leg. 

If n were too small to make P and P" positive 
when (T - 0-' is negative, the resultant pressures upon 
C and C would be downwards, and the fluid in the 
tubes would flow out until its height in each was just 
enough to make P and P zero : this supposed case is 
analogous to that of the siphon when B ia more than 32 
feet from the surface D. 



The Diving Bell. 

54. Suppose a cy- 
linder as ABCD, open 
at CD and closed at 
the top JB, and whose 
weight is greater than 
that of the water it could 
contain, to be lowered by 
a rope EF out of air 
into water ; when the 
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mouth CD is at the surface of the water the vessel would 
be Aill of air at atmospheric pressure, as it descends this 
air becomes compressed into a smaller space and the 
water rises into the vessel ; but if seats be affixed within 
it at a sufficient height, persons seated upon them might 
by this means safely descend to a considerable depth ; 
such a contrivance is called a Diving Bell ; the object 
of its being open at the bottom is to afford means of 
access to external subjects of investigation. 

The height to which the water rises in the bell, 
when its lower extremity D has descended to a depth 
d below the surface of the water may be found without 
difficulty. 

Let GH be the level required of the water in the 
boll, and call DHy m : the atmospheric pressure at the 
surikco of the water may be represented by n, the 
apooifio gravity of the water by er» and the altitude BD 
t>f the bell by a : then the pressure of water at depth H^ 
which is d^M^ must be n + <r (d - «). 

Sinoo this is counteracted by the pressure of the 
oomprosscd air which is to that of the atmosphere 
;j vol, AD : vol. AH we must have 

n4a(c(-«) vol. ^27 a 



n vol. AH o - « 



a q\uuln\tic equation from which « may be determined. 

Thi^ touaion of the string FE is equal to the weight 
iU' the boU and the inclosed air, minus that of the water 
dl^iaaoiHl ; or if r bo this tension, W the weight of the 
boU, w that of the inclosed air, and A be the area of 
tho hoHnoutal »t'ction of the cylinder. 
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In practice a flexible tube is passed down to the 
bell under its lower edge» and air is forced through it 
from a condenser, so that the surface of the water GH 
is kept at any desired level and not allowed to rise to 
an inconvenient height. Other tubes provided with 
valves are also employed, by the aid of which the air 
may be changed when it is unfit for respiration. 



TJte Atmospheric Engine*. 

55. The annexed diagram represents a section of 
the Atmospheric Engine invented by Newcoraen in the 
year 1705, for working the pumps of mines. 




AB is a massive wooden beam, (turning about 
an axis C, strongly supported,) having its extremities 

* For the following description of the Atmospheric and Double-Action Steam 
Ensine I am indebted to the kindness of a friend. 

5 
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terminated by circular arcs, which are connected by 
chains, the one (A) to the pump-rods» (loaded, if neces- 
sary) the other to the rod of a solid piston E working 
steam-tight in an accurately bored cylinder F. This 
cylinder is open at the top, but closed at the bottom, in 
which are the orifices of three tubes H, G, K^ each fur- 
nished with a cock, and passing, respectively, into the 
boiler, an elevated cistern of cold water and a waste 
pipe. Suppose steam to be generated in the boiler, 
the three cocks all closed and the piston at the bottom 
of the cylinder, it will be kept in this position by the 
atmospheric pressure on its upper surface. Let the 
cock H be opened, steam from the boiler will enter the 
cylinder below the piston and counterbalance the atmo- 
spheric pressure dh its upper surface. The weight of 
the pump-rods being now unsupported will depress the 
extremity A of the beam and raise the piston to the 
top of the cylinder : the cock H is now closed and G 
opened, through which a jet of cold water rushing into 
the cylinder condenses the steam and forms a vacuum, 
more or less perfect, below the piston which is now 
driven down by the atmospheric pressure on its upper 
surface, raising in its descent the pump-rods connected 
with A together with their load of water ; the cock G 
is now closed, and the condensed steam and water let 
off by the cock K which is then also closed. The 
macUne has now completed one stroke and is in the 
same condition as at first. Hence the operation may 
be repeated at pleasure. 

The cocks if, G, iT, originally turned by hand, were 
by a contrivance of a youth named Potter, afterwards 
worked by the machine itself. 
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Waif 8 Improvementa. 

56. Such was the engme which came under the 
observation of James Watt, whose comprehensive genius 
perceiving its various defects, suggested amendments 
so complete as to bring it ahnost to the perfection of 
the beautiful engines of the present day. The following 
is an outline of his most material improvements. 

The source of the motive power is the heat which 
is applied to the water in the boiler, and which calls 
into play the elastic force of the steam ; and the real 
expense of working the machine is caused by the con- 
sumption of fuel required for generating this heat. It 
occurred to Watt that a great useless expenditure of 
heat was entailed by the foregoing method of condens- 
ing the steam at the end of each stroke ; for while it 
is only wanted to cool the steam itself, the jet of cold 
water e^dently lowered the temperature of the cylinder 
also, and therefore caused it every time to abstract a 
portion of the heat of the newly-introduced steam. 
To obviate this he added a separate vessel (the con- 
denser), in which the operation of condensing the steam 
might be performed, so that the cylinder should remain 
constantly of the same temperature. A further saving 
was also effected by pumping the contents of the con- 
denser back to the boiler. 

He now closed the cylinder at the top, and ad- 
mitting steam alternately above and below the piston, 
converted the atmospheric into the double action steam- 
engine. 

He also invented that beautiful contrivance, the 
parallel motion, for keeping the extremity of the piston- 
rod in the same vertical line, while the end of the beam 
with which it is connected describes an arc of a circle. 

5— J2 
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The doubte-aeticn condensinff Engine, 

57. The annexed diagram represents a section of a 
double action condensing engine, in its simplest form. 

^ is a tube by vrhicli Bteam is conveyed from the 
boiler to the steam-box B, which is a closed chamber 
having its side adjacent to the cylinder truly flat. In 
this side are the apertures of three tubes E, F, G, of 
which the two former eoter the cylinder at the top and 
bottom respectively ; the third passes into the condenser 




L; C is the alide-Talve, b^ng a piece of metal having 
one eide accurately flat so as to shde in steam-tight 
contact with the flat face of the steam-box. In this 
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face of tlie slide is cut a groove in length not greater 
than the distance between the apertures E, F, dimi- 
nished by the width of the aperture, as in fig. (3). The 
rod of the slide-valve passes through a steam-tight 
collar in the bottom of the steam-box, and ia connected 
by a lever OP and a rod FQ, with the beam of the 
engine, by which it receives a motion the reverse of that 
of the piston-roda. D is the cylinder closed at both 
ends, truly bored and accurately fitted with a solid piston 
whose rod H works in a steam-tight collar in the top 
of the cylinder, and ia connected with the beam by the 
parallel motion KaB. RS is the beam turning about 
an axis T and having its extremity S connected by a 
rod and crank with an axle on which is the fiy-wheel 
W. L is the condenser, a closed vessel in which a jet 
of cold water ia constantly playing. J/ is a force-pump, 
worked by a rod connected to the beam, which returns 
the condensed steam and water from the condenser by 
the tube N to the boiler. 

Suppose the piston at the top of the , 
cylinder, the lower part filled with steam, 
the slide-valve being in the position shewn 
in fig. (2). A passage is now open by 
which steam will pass from the boiler 
through the tube A, the steam-box B, and 
the tube E into the upper part of the cy- 
linder, and another by which the steam 
from the lower part of the cylinder will 
pass by the tube F, the groove of the 
slide, and the tube G to the condenser, ^^jft 
and being there condensed a vacuum will I ^ 
be formed below the piston, which will 
now be driven down by the unsupported pressure of the 
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onifsi^iperBnr&oe. WncBtte 

ilie bottom of the q^Bder Ike dde-nJieiriB bste been 
dnfted io Ihe pomlkm diewi&bj Ike dotted port of %. 
(S). Tlie pMBaige will mm be opcD from Ike boiler to 
Hie lower port of Ac ejBmder^ and from Ike iqiper port 
to the condenser; a Taeaom will tibns be ftmed aboive 
ike piston, wfaidi will iken be driien 19 by^ tbe pressnre 
of Ike stem below it, and wben Ike pWw bos readied 
Ike top of Ike qrlinder Ike aUde-iraife will bwre reas- 
somed its original position, Ike engine bas now made 



one ttmke, and its ports are in Ike same posiliona as 
at first; Ike operation will Iker elhi e conlinne . 



It win be obsenred that ike force exerted by the 
engine tending to produce a rotatory mc»tion in the axle 
F, is greatest when the arm of the crank is in a posi- 
tion at right angles to the direction of its connecting 
rod Yf and that it diminishes to nothing as the arm 
rerolTCS to a poation in whidi it coincides in direction 
with it. The object of the fly-wheel is by its momentum 
to conrert this variable into a constant force, and also 
to prerent the mischief whidi might arise firom shocks 
or sodden yariaiions, in the resstance to be overcome. 

In practice the steam is frequently shut off from 
the cylinder when the piston has performed half or 
even less of its stroke ; by this means fiid is saved, 
and the motion is rendered more even and smooth. 
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EXAMPLES TO SECTION IIL 

(1) A piston fits closely in a cylinder, a length a of 
the cylinder below the piston contains air at atmospheric 
pressure : compare the forces sufficient to hold the piston 
drawn out through a distance b with that sufficient to 
maintain it pushed in through the same distance. 

Let n represent the atmospheric pressure, and A 

the area of the piston, then at first the pressure upon 

the piston, both of the external and the internal air is 

n^; by the compression through the space 6 the 

Tolume of the internal air is diminished in the ratio of 

atoa — b; and therefore by Boyle^s law its pressure 

is increased in the same ratio: hence the difference 

between the internal and external pressures over the 

a 

area of the piston is in this case 11^ 7 — TlJy or 

a — 6 

n A 7 : the force, required to maintain the piston so 

far pushed in, is of couiise equal to this. 

Similarly, by pulling the piston out through a dis- 
tance b, the volume of the internal air is increased, and 
therefore its pressure diminished in the ratio of a + 6 : a; 
hence the difference between the external and internal 
pressures over the area of the cylinder, which is the 
same as the force required to hold it in this^ position 

a . 6 

is now TIA - UA 7, or UA -. 

a + 6 a + o 

The ratio asked for between these two forces is 

manifestly -. 

a — b 

(2) If a cylinder be full of air at atmospheric 



72 ELASTIC FLUIDS. 

pressure, and a dose-fitidiig piston be forced in through 
^ of the length of the cylinder by a weight of lOlbs., 
^ew that it will require an additional weight of SOlbs. 
to force it through |- of the length. 

If n be the pressure, estimated in pounds, of the air 
in the cylinder at first, i. e. be the pressure of the atmo- 
sphere, the pressure after the given compression into 
|- of the volume is, by Boyle's law, f II; therefore 
li A he the area of the piston, the pressure upon it 
upwards is § IIJ, and by question this must balance 
the pressure of the external atmosphere together with 
10 lbs. acting downwards, hence 

or UA -20lb8. ; 
and therefore |^ IIJ «= 30lbs. 

This pre&sure will be doubled, by the same law, 
when the compression is extended to another ^ of the 
cylinder ; therefore the compressing force must be 60 lbs.; 
hence 30 lbs. must be added to that which is already 
acting. Q.E.D. 

(3) A bubble of gas ascends through a fluid, whose 
free surface is open to the atmosphere, and whose spe- 
cific gravity is s ; supposing the bubble to be always a 
small, sphere, compare its diameters, when at depths 
d and d\ having given that the height of the barometer 
is A and the specific gravity of mercury o-. 

Since the bubble is always small^ the pressure of 
the fluid upon its surface may be considered to be 
everywhere the same, and to be that which is due to 
the depth of the center of the bubble ; also since this 
pressure is the only force limiting the volume of the 
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huibblei it must be exactly equal to the elastic force of 
the air forming the bubble. 

Now the pressure of the fluid at the depth d is o- A + «d, 
d'.«.(rA + «d'; 

and the elastic force of the air in the bubble varies 
inversely as its volume, that is, inversely as the cube of 
the diameter; hence if a, a be the diameters corre- 
sponding to the depths d, <f we must have 

a^ ch + ad 

€? ch + 8(£ 

which gives the required ratio between the diameters. 

(4) An imperfect barometer is compared at two 
different times with a true one, and it is found that the 
readings hi As are less than the true readings by the 
quantities ^i, €2 respectively. Shew that the true read- 
ing may at any other time be obtained by adding to 
the observed reading A the correction 

€i 62 (Aj - Ai) 
€1 (A - Ai) + e2(As-A) ' 

The error in the height of the mercury must be 
due to the presence of a certain quantity of air in the 
upper part of the tube, whose elastic pressure supplies 
the place of the weight of the deficient length of mer- 
ciu'y ; this pressure will not be constant, but will con- 
tinually alter, for, the quantity of air remaining the 
same, its volume diminishes as the barometer rises, and 
increases as it falls. 

Let 0?!, Xi^ X be the length of tube occupied by it 
when the barometer is at height A^ A2 and A respectively. 
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pu p%% p its corresponding densities, and k the propor- 
tion between the pressure and the density of air, (Art. 
S2)^ then, by question, the pressure of this air, when 
included in the length Xx must be equivalent to the 
weight of a length €i of mercury ; hence if o- be the 
specific gravity of mercury, 

kpx - <re{\ 

similarly ft/0|«<r€s> {A). 

kptrnffe' 

And since the volume of the air remains the same, the 
transverse section of the tube being constant ; 

Pi^i ^ pt^2'' p^ (-B). 

Also since the length occupied by air, together with 
that occupied by mercury, must always make up the 
whole length of tube above the zero point, 

Ai + ^i « As-f /i^a-t A + «. (C). 

These seven equations will enable us to determine 
the seven unknown quantities p^ p^, p, ofi, a^t x, e ; but 
as 6 is the only one of these which we want, it will be 
convenient to eliminate all the others. 

Multiplying the equations (A) by iVi, ^2» ^ respec- 
tively, and then .comparing them with those of (B), we 
find 

eiWim eiW2^ eof m\, suppose ; 

therefore substituting these values of ofi, at^, w in (C), 
we get 

Ai + — X-A, + — X«A + ~X-/u, suppose, 

or more conveniently, 
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A, + — \-M«0 (1). 

Aj + —X - ^ - (2). 

A + -\ -iui=-0 (3). 

6 

Multiplying (1) by (A, - A), (2) by (A - A,), (S) by (A,-A,), 
and adding the resulting equations^ we obtain 

- (A, - A) + -(A - AO + i(A, - A,) - 0, 

€i 68 6 

and therefore 6 - ./'?^**'"!'^ .. ♦ 

(5) If a barometer be standing at the height of 30 
inches and be placed under the receiver of an air-pump 
in which the capacity of the barrel and receiver is the 
same, what will be the height of the mercury after three 
strokes of the pump ? 

The height of the barometer is directly proportional 
to the pressure of the air upon it and therefore to the 
density of that air ; now since the capacity of the receiver 
is the same as that of the barrel, the density of the air 
in it is diminished one half at each stroke of the piston 
(Art. 42) therefore at the end of the third stroke it will 
be l^th of what it was at first, i. e. of atmospheric den- 
sity, and, consequently, the corresponding height of the 
barometer will be |^th of 30 inches, or 3^ inches. 

(6) The receiver of an air-pump has 20 times the 
volume which the barrel has, and a piece of bladder is 
placed over a hole in the top of it : the bladder is able 
to bear a pressure of 3lbs. the square inch, and the pres- 
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sure of the atmosphere is islbs., shew that the bladder 
will burst between the 4th and 5th strokes. Given that 

log 2 » . 30103, log 21 s 1.3222193. 

The resultant pressure upon the bladder is the differ- 
ence between the pressure of the air outside and that of 
the air inside the receiver ; hence by question, the bladder 
will burst when this difference becomes as great as 3lbs. 
the square inch ; i. e. since the pressure of air varies as 
its density, when the density of the inside air is to that 
of the atmosphere as 12 : 15, or as 4 : 5. 

Now after the nth stroke the density of the inside 

(20\" 
— I of that of the atmosphere (Art. 42), there- 
fore the bladder will burst during the stroke, whose 
number being put for n is the first whole number which 

(20\" 4 

— I less than - , or which makes 
2iy 5 

n 1 1 + log 2 - log 21 } less than 2 log 2-1, 

this number may by the aid of the given logarithms be 
shewn to be 5. 

(7) A cylinder whose length is 3 feet is fitted with 
an air-tight piston : when the piston is forced down to 
within 9 inches of the bottom what will be the pressure 
of the air within, supposing the pressure at first to have 
been 15 lbs. on the square inch ? 

(8) A cylinder whose base equals a square foot and 
whose height is 7 inches is filled with common air whose 
pressure may be assumed to be 14lbs. per square inch 
and covered with a moveable lid without weight ; shew 
that if a weight of 336 lbs. be placed on the lid it will 
sink 1 inch. 
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(9) A bubble of air one foot below the surface of a 
pond had a diameter of one inch : what was its diameter 
when it was 8 feet below, neglecting the pressure of the 
atmosphere ? 

(10) If a cj'lindrical tube 40 inches long be half 
filled with mercury and be then inverted with its extrem- 
ity closed ; determine how high the mercury will stand, 
the height of the barometer being 30 inches. 

(11) When the mercury in a barometer stands at 
30 i^ches, shew that the pressure of the atmosphere on a 
square inch is about l4^1bs., the specific gravity of mer- 
cury being 13,6, and the weight of a cubic foot of water 
1000 ozs. 

(12) A barometer has the area of the cistern four 
times that of the tube, and when the mercury stands 
at 30 inches, 2 inches of the tube remain unfilled : if a 
mass of air which at the density of the atmosphere 
would fill one inch of the tube, were admitted into the 
upper portion, shew that the column would be depressed 
4 inches. 

(13) If the volume of the receiver of an air-pump 
be six times that of the piston-cylinder, and if a baro- 
meter introduced into the receiver stand at 28 inches 
after one ascent of the piston, at what height will it 
stand after two more ascents of the piston ? 

(14) • If the volume of the receiver of an air-pump 
be ten times that of the barrel, shew that before the 
eighth motion of the piston is completed, the density 
of the air in the receiver will be reduced one-half, 
having given log 2 = .30103, log 11 = 1.0413927. 

(15) If the capacity of the receiver of a condenser 
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be 10 times that of the barrel, after how many descents 
of the piston will the force of the condensed air be 
doubled? 

(16) If a pump be employed to raise a fluid whose 
specific gravity is .91^9 find the greatest distance which 
is admissible between the lower valve and the surface 
of the fiuid. 

(17) In what position must a siphon ABCy (having 
angle ABC a right angle, and AB b BC)^ be placed in 
a vessel full of water, so as to empty from it the great- 
est quantity possible ? 

(18) Find the limit to the height of the highest 
point of a siphon above the surface of water, at a place 
where the mercurial barometer stands at 25 inches, the 
specific gravity of mercury being 13.58. 

(19) Two equal cylinders containing equal quantities 
of different fluids, which will not mix, are connected 
by an exhausted siphon of small bore, which reaches to 
the bottom of each cylinder ; find how much fluid will 
run from one vessel into the other. 

(20) Two diving-bells are suspended at the ends 
of a rope which passes over a smooth wheel ; find how 
much the one must be heavier than the other, that 
they may rest in a given position. 

What would happen if the rope were hollow, so as 
to form a tube of communication between them ? 

(21) If a valve be made in the top of a diving- 
bell opening upwards, what will be the result ? 

(22) In the hydraulic press used at the Britannia 
bridge, the internal diameter of the great cylinder was 
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20 inches, and that of the small tube l|-inch; find the 
lifting power of the press, supposing a pressure of 8 
tons to be exerted by the piston in the small tube. 



SECTION IV. 

GENERAL PROPOSITIONS. 

58. The Statical principle of Virtual Velocities asserts 
that if any forces as J?i iZa*-^^ acting upon a system of 
points keep each other in equilibrium, and if rijr29...r^ 
be the virtual velocities of these forces respectively, con- 
sequent upon any very small displacement of the system, 
which does not alter the molecular connexion of its 
different points, then 

iJ, ri + JSjrg +...+ B„ r, « 0. 

The same principle can be proved to hold, when £( 
B^ &c. instead of being applied to points of a rigid system, 
act normally upon the surfaces of a weightless inelastic 
fluid, the condition of displacement being in this case 
that the volume of the fluid remain constant and con- 
tinuous. 

Let ai as, a» be the portions of surfaces, taken 

small enough to be considered plane, upon which Ri &c, 
...J?, respectively act, then since these forces are in 
equilibrium, the pressure per unit of surface must be the 
same throughout (Art, 7), and if it be represented by p, 
we shall have 

« «&C = — = p (1) 

Suppose the displacement of a^ &c. to be made by 
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moving them respectively through distances r„ r^...r^ 
along tubes perpendicular to them and closely fitting 
them ; these distances will be proportional to the virtual 
velocity of the corresponding force ; also the alteration 
in volume of the including vessel which the movement 
of each area a has thus produced is ar, and is an increase 
or decrease according as r is positive or negative, and 
therefore the total alteration will be the sum of these 
quantities, each r being supposed affected with its proper 
sign ; but since by the supposition the distiurbance was 
not such as to break the continuity of the fluid or to 
alter its volume, whatever space was gained in the dis- 
placement of any of the pistons, an equal space must 
have been lost in the displacement of some of the others, 
so that by this means the total alteration is nothing ; 
therefore we must have, 

ain + 02 r^ + + «»»•» - (2) 

and hence by substitution from equations (i) 

^1 Vx + R2 Tg + •••••• + i?» r^ " 0,. (3) 

If the fluid be heavy the principle will still be true, 
and can be proved upon the assumption that normal 
resistance is the only mutual action between the parti- 
cles. And even in this case, if BiB2...R^ represent 
respectively the excess of the forces acting upon the 
several pistons a^a^^.a^ beyond the forces which would 
be required to balance the effect of gravity alone, since 
then equations (1) (see Art. 7) and (2) will still hold, 
the truth of (3) will be established as before. 

59. If a heavy fluid be contained in a vessel and 
the pressiures on its sides be resolved in three directions 
at right angles to each other, to find the sum of the 
resolved parts in each direction. 
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Let HIlE' represent any such vessel, BK 



H ,. --'• B « 

^n 1 ^^^^ 



level of the fluid contained in it ; let j< J' be a line in the 
fluid drawn parallel to the direction of one of the required 
resolved forcesy to meet the sides in A and A* 

Let a very small cylinder be constructed, having AJl 
ioT its axis, ai for its transverse section, a and a the 
sections of its extremities made by the sides of the vessel, 
and therefore portions of those sides, these will be approxi- 
mately plane. Let P, P be the normal pressures of the 
fluid upon these, not generally in one plane, and let d, ff 
be the angles which they respectively make with AA ; 
then resolving P and P along AA' and perpendicular to 
it, if J? be the resultant of the resolved parts of P and 
P' along AAf 

JB= Pcosd-P'cosd'; 

but if II be the pressure of the atmosphere, or any othei^ 
pressure which is uniform throughout the surface HK^ 
and o- be the specific gravity of the fluid, 

P-(n+crJi?)a, P»(n + (r^'5')a; 

••. Jl « n (a cos e - a cosd') H- ff {ABa cos Q - AlSd cos 9). 

Also a cos d 8 (0 a a cos fl ^ therefore this expression 
is reduced to 

M^G^iAB'AB). 

6 
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V be the angle which J J' makes with the vertieal, 

•'. JB » am AA'coa 0. 

But (Tw A A' is the weight of the colimm of fluid AA'y let 
it be represented by w^ then 

JB « to cos^ • (I) 

This result is true for all the colunms parallel to A J! 
which have both their extremities meeting the sides of 
the vessel ; let aci in the fig^e be a column, one extrem- 
ity only of whichyi. e. a, meets the side,- the other a ia 
made by the surface of the fluid, and let the same letters, 
as above, be used with the same meanings in this case^. 
then P^ ^0^ and ff -<pi 

.-. jB « Pcos d = (n + aah) a cos 

«s Ila'cos 0^ + (rafrctf 

mWa cos ^ + (T 01 ua' cos ip 

- (n a H- w) cos (U) 

Now the magnitude of the resultant required of the 
resolved forces is the sum of all the B's for which (I) 
holds, together with the sum of all the iJ's for which (II) 
holds, i. e. it is the sum of all the quantities {to cos0), 
together with the sum of the quantities tia cos <p as 
long as a is the section of the cylinders made by HKi 
but the sum of all these sections is the whole area of the 
surface itself, let it be represented by A^ and the sum 
of all the ti^'s is the weight of the fluid contained in 
the vessel, let this be VF : we thus come to the conclusion, 
that the magnitude of the resultant of the resolved part9 
in directions parallel to AA! of the fluid pressures upon 
the sides of the vessel containing the fluid is 

(n-4 4- wo cos 0..*...*«....« (Ill) 
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ihrhere Kj> is the indinatidn of AA' to the vertical ; the 
other resolved parts of the pressures are in a plane per*' 
pendicular to AA\ 

60. Also this force being the resultant of a set of 
parallel forces^ each of which acts along the axis of a 
column of the fluid as AA', and is proportional to the' 
magnitude of that column, (for even the R in (II) may 
be considered as proportional to the magnitude of a a 
increased by a constant quantity), its direction must 
pass through the center of gravity of the mass, which 
is made up of these columns, i. e. in the case under 
consideration, the resultant of the resolved pressures 
parallel to A A' must pass through the center of gravity 
of a mass of fluid represented by HLKKH\ the portioi^ 
fl^HKK' being made up of the portions which must be 
added to the columns a a' in order to make up the 
pressure 11 in the formula (II). 

If n be zero, it appears that the resultant of each 
Tesolved part will always pass through the center of 
gravity of the fluid ELK. 

61. If instead of the preceding case we had con-* 
sidered a body HLK immersed in a fluid whose free 
surface was HK produced^ we should have obtained 
the same result as (III) for the magnittide of the re- 
solved pressure in the direction parallel to A A', but its 
direction would have been reversed. 

62. It is easy to deduce from (III) that, if the 
pressures be resolved in directions vertical and hori-. 
zontal, the horizontal portions vanish while the vertical 
one equals TlIA-^ IV: this, then, is the magnitude of the 
total resultant of all the pressures, which accords with 
Art. (18), 
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63. If the fluid contained in HLK were without 
weight, the pressure at eveiy point of its surface would 
be n, which might be supposed to be the result of any 
such cause as that mentioned above, or to be produced 
by the elasticity of the fluid itself: in the latter case, 
of course, HK could not be open. 

Under these circumstances, if the fluid pressure 
upon the surface HLK be resolved in any direction 
AJl^ whose inclination to the plane HK which cuts ofiT 

this surface, is d>, its resultant is by the preceding 

investigations 

-> WA cos ^9 

where A is, as before, the area of the plane HK. 

Or, this result may be stated more generally as 
follows, so as to include the cases where the boundary 
of the surface HLK is not a plane section. If the 
surface HLK be projected upon a plane perpendicular 
to AA\ then the resolved part in the direction AA' of 
a normal pressure over the surface HLK, which is uni- 
form and equal to n at every point, is the same as 
would be produced if the projected area were pressed 
uniformly with a pressiure II. 

64. Def. When any surface is submitted to fluid 
pressures, the point in it, where the resultant of these 
pressiures would meet it, is called the Cervter of Pressure ; 
if the pressures are such that they have no einffle result- 
ant, there is no center of pressure* 

65. Let CD be a tube, capable of revolving freely 
about a vertical axis, and having at its lower extremity 
C one or more arms CA, CB^ &c. horizontal and closed 
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at their ends J, By &c. : suppose this to be filled with 
water and then orifices to be opened in C-4, CB, one 
in each, and always on the same side looking from the 
center C; as the water flows out at these orifices the 
whole instrument will revolve in the opposite direction 
about the axis CD. Such an instrument is usually 
termed Barker's JUilL 



^ 





Tc 



The explanation of the cause of the revolution is 
very simple; the fluid may be divided into a number 
of horizontal cylinders, each perpendicular to the axis of 
JB, and the resolved part along these of the pressure at 
their extremities will be zero by (I) of Art {59), ex- 
cepting for those cylinders, one of whose extremities 
terminates in an orifice ; the pressure at the other ex- 
tremity of such cylinders is not counteracted, and will 
therefore tend to turn the arm round the axis. By the 
above-mentioned arrangement of the orifices in the 
difierent arms, the uncounteracted pressures in each will 
all tend to turn them in the same direction, and thus a 
japid revolution of the instrument will be produced. By 
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keeping CD full, this rotation may be maintained for any 
length of time, and be applied to meehanieal purposes, 

# 

66, The surface of a heavy fluid contained in a 
vessel, which revolves with a uniform angular velocity 
fibout a fixed vertical axis, is a paraboloid. 

Each particle in the fluid evidently describes witlji 
a uniform velocity a horizontal circle, having the ver- 
tical axis in its center, hence by the principles of mecha- 
nics, the resultant accelerating force upon the particle 

must tend to the center, and must -> — , where t/ is its 

r 

linear velocity and r the radius of the circle it describes ; 
but this resultant is the effect of gravity and the fluid- 
pressures only. 

Now let us consider a particle M in the surface of 
the fluid, having a mass m, and 
let the next figure represent a 
vertical section of the fluid made 
through the axis BF of the ves- 
sel ADFC and the particle JIf, 
AMBC being the curve in which 
it cuts the fluid. Since iif is on 
the surface of a fluid, which from 
the mobility of the particles must 
be perfectly smooth, the pressure 
of this surface upon it may be 
assumed to be normal; let this 
direction meet the axis in P and 
draw MN horizontal ; then by what precedes the flnid- 
pressure in the direction MP, and the weight of M in the 
direction of the vertical must have a resultant along MNt 
the three sides then of the triangle MPN being in the 
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directions of, must be proportional to^ these three forces : 
yre therefore obtain 

PN mg 

HI — 

r 

Kow w being the angular velocity of the whole vessel 
about the axis NBF, v the linear velocity of itf must be 
wMN; also r is the distance MN; hence the preceding 
rektion becomes 

FN , g ., 

g 



that is, the subnormal PN is a constant quantity, where-, 
ever in the curve M be taken> a result which is charac- 
teristic of the parabola where the subnormal is always 
equal to \ the latus rectum ; the section ABC of the 
surface of the revolving fluid is therefore a parabola 

-whose latus rectum ^-' g, and, since this section is any 



w^ 



whatever through the axis, the whole surface must be a 
paraboloid having the axis of revolution for its axis. 

It is apparent from the investigation that the form 
of the surface of the revolving fluid is quite independent 
of the shape of the including vessel, 

67. If a body be immersed in a fluid, which is at 
rest under the action of any forces whatsoever, the 
resultant of the pressures upon its surface is exactly 
equal and opposite to the resultant of the forces which 
would act upon the fluid which it displaces. 

For if the body were taken away and the displaced 
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fluid pot bock again and g up poaed to afwnmo a soGd fonn, 
eqmlibriimi wonld obtain, for the mere aoUdification can 
produce no disturbance ; but to maintain iliis equilibrium 
tlie resultant of the preasurea on the surface of the 
solidified fluid must be exactly equal and oppoate to 
the resultant of the forces applied to it; now these pres- 
sures are identical with those upon the immersed solid, 
because the surfaces are the same in both cases ; hence 
the truth of the propoation. 

68. To find the tension at any point of a cylindrical 
snr&ce inclosing fluid in terms of the normal pressure of 
the fluid. 

The annexed figure represents 
a section of the cylinder having a 
breadth AB made by two planes 
perpendicular to the axis which 
passes through O. l£ABhe small 
enough, the tension at every point 
of it tending to break the band may be considered the 
same throughout ; call it 2\ estimating it by the force of 
tension which would be exerted over a unit of length, 
each of whose points are solicited by a tension equal to 
that at the proposed point* : it is manifestly always per- 
pendicular to AB and in the tangent plane passing through 
the point at which it acts. 

Draw ah, ab' parallel to AB one on each side of it, 
and very close to it, and dcdl a circular section through c 
the middle point of AB and parallel to aa ovhh' \ then 
the tensions at every point of 06 and ab' are very approxi* 
mately equal to T, and act in their respective tangent 
planes. Draw the radii Od, Ocy Oi\ the small area a 6' is 

" The ezplanstion gWen in the note to Art 4 it applicable here* 
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kept at rest by the normal pressures of the fluid upon it 
which are approximately the same at every point as that 
at At and the tensions T at every point of a 6 and a b' 
acting tangentially. Hence, resolving along c and in 
a plane perpendicular to it, we have 

resolved tensions along cO 

ts Tab sin cOc2 + Tab' sin cOd^, very nearly 

1 Tab -7, + Tab' -— , nearly 
cO cO 

,^AB. aa , 

■ T — nearly^ 

cO 

Also the resolved pressures in the same direction will, if 
p represent the pressure at A, be 

■a p . aa' , AB very nearly : 

the smaller we take ab' the more nearly will these equa« 
tions be true, and will be absolutely so in the limit ; but 
in all cases these two resolved forces must be equal to 
one another ; 

, .^ ^AB,aaf 

•% p. aa' .AB^T — - , 

cO 

or r« p.cO^pr, 
if we represent the radius of the cylinder by r. 

69. By a similar investigation we can 
find the tension at any point A of a spheri* 
cal surface containing fluid, the fluid pres- 
sure at that point being p. 

Take abb'a b, very small rectangular 
portion of the siuface having A as its 
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middle point, and let O be the center of the sphere, the 
tension at A may he resobred into two, at right angles to 
each other, botii in the tangent plane at A ; let that 
parallel to ab be represented by 7, and that parallel to 
a a' by T'l these may be assumed to be equal on account of 
the symmetry of the surface about A : then the very small 
surface ab' may be considered to be kept in equilibrium by 
the normal pressures at every point which are approxi- 
mately equal to j>, the tangential tensions at every point 
of a a and bb' approximately equal to T, and those at 
every point of a 6 and ab' approximately equal to 7". 

Now the resolved parts along AO of the tensions T 
at the points in aa and bb' 

' 'h' 
■1 T — ^ — approximately, by the last proposition, 
AO 

and similarly resolved parts aloiig AO ot the tensions of 
Vfb and a'b' 

Ta'b'.aa • . , 

«■ Tn approxnnately ; 

.*. the sum of these « 2 7 — ^ — approximately. 

Again, the resolved part of the normal pressure in the 
same direction 

^paa . ab' very nearly. 

But these two resolved parts must always counteract 
each other ; therefore, since the above expressions for 
them are true in the limit, 

27 
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or if, as before, r denote the radius AO, 

It must be remarked, that if the surface be pressed 
outside as well as within, by a fluid, the p which enters 
the above equations is the difference between these 
two normal pressures at the point A. 

It appears from these formulsB, that when p is con- 
stant, T and r are proportional to each other, or that 
the tension which a given normal pressure calls into 
action at any point of a cylindrical or spherical surface 
containing it is proportional to the radius. 

70. In the description of the Barometer given in 
Article (SG), no explanation was offered of any method 
of measuring the length of the column of mercury ; a 
fixed scale of graduations would manifestly not answer 
the purpose directly, as both extremities of the column 
necessarily shift at once : a descent of the mercury in 
the tube must cause the surface of the mercury in the 
basin to rise, and the sum of these two decrements of 
length makes up the total decrement; and similarly in 
the case of an elongation of the column. Now a fixed 
scale could only mark the absolute alteration at one 
end, say the upper C, of the column, but by a simple 
arrangement this may be made to indicate the total 
alteration. For, suppose C to sink d inches, as mea- 
sured by a fixed scale ; then, if a be the cross section 
of the tube, a volume da of mercury must thus descend 
into the basin, and the corresponding rise of the sur- 
face of the mercury in the basin must be due to this 
increase of volume ; or supposing this rise to . be d[ 
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inches, and the cross section of the basin to be A^ we 
must have 

hence the total diminution of the column^ being, as 
before said, d -^ dl 

But it is clear that if the fixed scale be divided 
into equal partSi each of which is to an inch as 1 : f l +-t] 9 

the length d inches will contain ^ (^ +-7) ^^ these, 

and hence the number of such graduations observed 
upon the length d inches, through which C has sunk, 
will be the real number of inohea by which the column 
has been shortened. 

It only needs that the real length of the column 
should be practically ascertained by measuring, when C 
is opposite any known graduation of this scale, and 
be there registered, in order that all future lengths be 
ascertained by inspection. 

71. If the section of the tube be very small com- 
pared with that of the basin or lower vessel, — will be 

a small fraction, and d + d' will differ inappreciably from 
d : this is the case with most barometers in common use, 
so that the graduations on their scales are made without 
respect to the considerations of the previous article. 

72. In some barometers the bottom of the basin 
containing the mercury (FGr in fig. of Art S6) is adjust- 
able by means of a screw, and thus at the time when an 
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observation is required to be taken, the whole mass of 
mercury can be raised or lowered until the surface DE 
is brought to a fixed level with regard to the instrument; 
an ivory pin, projecting from the side DF and pointing 
downwards, is generally used to mark this level, and the 
mercury can be easOy brought into it by turning the 
screw until the image of the ivory point in the surface 
is made to coincide with the point itself: the fixed scale 
then measures upwards from this point, 

73. The Wheel or Siphon Barometer differs slightly, 
from those previously described : instead of the end A 
(fig. Art. 36) being plimged into a vessel of mercury it 
is bent round ; the second branch so formed, is similar 
to BA in the fig. of Art. (37), and has its extremity open 
to the atmosphere ; by this arrangement the column of 
mercury in the second branch, together with the pressure 
of air on its surface, balances the column of mercury in 
the first ; and therefore the difference between the length 
of these columns is the same as the h of Art. {S6). If 
the tube be uniform throughout, the variation of either 
column is exactly half the total variation of A ; it is there- 
fore only necessary to observe the variation of the open 
one. This is done by attaching one end of a light string 
to a small body which is allowed to float on the surface 
of the mercury, and the other, after the string has been 
passed over a small pulley, to a weight less than that 
which would be sufficient to balance the float : then as the 
float rises and falls with the mercury, the pulley is turned 
round by the friction of the string, and an index needle 
fixed to it is made to traverse a sort of clock-face : if the 
circle of the face be large and carefully graduated, any 
very small motion of the float will be indicated and mea- 
sured by the extremity of the needle. 



94 



GENERAL PROPOSITIONS. 



EXAMPLES TO SECTION IV, 

(l) A pyUnder the radius of whose base is l foot 
and whose weight is lOOlbs. is fiUed with water, a cubic 
foot of which weighs 1000 ozs : if the cylinder be inverted 
on a smooth horizontal table, find the greatest number 
of revolutions per second which the water may make 
about the axis of the cylinder consistent with no escape 
of water. 

Let ABCD represent the cylinder 
inverted upon the smooth plane, and 
occupied by fluid which is revolving 
about the dotted axis of the cylinder, 
say n times per second; its angular 
▼docity is therefore nSir, but we may 
for convenience call it oi. 

If the water were not revolving 
at all there would be no pressure 
upon BC\ and again, if BC were 
taken away, during the revolution the water would rise 
at the sides until the surface took a parabolic form ; BC 
piust therefore supply some force sufficient to keep the 
water down, and it must be itself pressed upwards by 
the same : when this upward pressure becomes by reason 
of the magnitude of the angular velocity greater than 
the weight of the cylinder, 1 00 lbs., ABCD will be lifted 
up and the water will escape below its edges. We want 
then to find this pressure corresponding to the angular 
yelocity oi. 

Suppose the sides of the cylinder to be produced 
upwards as represented by the dotted lines Bk^ Ce \x^ 
the figure, and suppose BC to be a rigid plate capable 
of being made to slide in and out : now let BC be ^awn 
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oul wliile the water is revolViii^, and a sufficient quantity 
of water be added to make the curve free-surface fhg 
take the position given in the figure where the vertex h 
of the parabola is exactly where the middle point of BC 
was : if when this is the case BC be again pushed in, its 
presence can produce no disturbance in the revolving 
water either above it or below it ; but by this means the 
lower part is quite shut off from the upper, which may 
therefore be removed and neglected ; and then the lower 
is only under the circumstances which were proposed by 
the problem. We thus see that the state of the revolving 
fluid A BCD (and therefore its pressure at every point, 
because it is so at one point h) is the same whether we 
suppose the portion of fluid fBhCg to.be superincum- 
bent, or whether we suppose BC to be stretched rigidly 
across : hence the pressure which BC exerts downwards 
and which we wanted to find, is exactly equal to the 
weight of the volume of fluid fBhCg. Call this 
volunie F. 

Now the volume of the paraboloid fhg is ^ of 
that of the cylinder fBCg, therefore V which is the 
remaining half of the cylinder ^^irBh^.B/. Also 

since the latus rectum of the parabola fhg 



2^ 



w* 



(Art. 66), Bfm—Bh*', 






» Bh' 



irtM? 



* g 
cubic feet, because Bh is l foot ; 



4 X 32.2 



* lOOO 



• • 



weight of r — lbs. 

® 4 X 32.2 16 
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This, as before explained, is (lie force tending to lift 
the cylinder, and therefore the greatest value that to 
can hare, without escape of water taking place, is when 
this just equals the weight of the cylinder, or when 

TTW* 1000 



X— T-- 100, 



4 X 32.2 16 

4n« w* 10 

or X -- - 1, 

4 X 32.2 16 

n*w*- 16x3.22; 

/. log nm^ (log i6 + log 3.22 - 3 log w) 

« ^ (1.20412 ^ .50786 - 1.49145) 

n ^ X .22053 

B .110265 

-log 1.289; 

.\ n « 1.289: 

Hence the water can only make 1.289 of a revolution 
per second, or about l^, without escaping. 

When would a cover, turning upon a hinge and 
tmsymmetrically loaded, be raised ? 

(2) An Indian-rubber ball containing air has a radius 
a when the temperature of the aJr is 0® (centigrade). 
Supposing the tension of the Indian-rubber » /m x (radius)^ 
shew that the radius r of the ball when the temperature 
is ^ will be given by the equation 

r'ir + 2/ir 

"1 2 *^ +^^» 

or ir + 2jULa 

e being the ratio (Sect. Y.), between the increase of 
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Volume and of temperature for air at a constant pres- 
sure, and TT being the pressure of the atmosphere. 

Let p and p' be the pressures of the included air; 
p and p' its densities when the temperature is f and 0^ 
respectively, then we have (Art. Bi), 

P p 
Also, since the densities are inversely as the volumes, 

T^ P 

(rp 

but (Art. 69), ^ (p - ^) r « /ix^ ; 

•'. p >= w + 2/uLr; 
similarly, jp' « tt + 2^ta ; 

»'. by substitution 



i^ ir-f-^aa 



I -{-et 



(3) A spherical vessel contains a quantity of water 
whose volume is to the volume of the vessel as w : J ; 
shew that no water can escape through a small hole at 
the lowest point, if the vessel and the water in it have 
an angular velocity about the* vertical diameter not less 
t^an 

i 



f ^ Y 

\r (1 - «i)J ' 



r being the radius of the vessel, and g the accelerating 
force of gravity. 

7 
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Let JDBE be iliie spherical Teasel levolving wiOi 
an angnlar ydocity m 
about its Tertieal dia- 
meter ACBi the sur- 
face of the indosed 
^?ater will be a para- 
boloid (Art 66), whose 

latos rectum is -^; let 

the upper part of this 
'sur&ce meet the sides 
of the shell in D and 
El by the question no 
water must run out at 
a small hole at A^ hence there must be no water lying 
upon the hole, or in other words, the angular Telocity 
is least possible when the lower part of the surface of 
the water just passes through A. 

Now because J? is a point in the parabola VAE^ 

whose latus rectum is — r , 

or 

..CE^^%AC. 

Also because J? is a point in the circle ADBE, whose 
diameter is AB, 

.-. CE^^BC.AC; 
•*• BC =* — . 

or 

Again, the volume of the contained water is evi- 
dently the difference between the volume of the portion 
DAE of the sphere, and the volume DAE of the para- 
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boloid ; bitt this difference is equal to the Volume of a 
sphere whose diameter is AC^; 

vol. of water AC^ . 

n by question ; 



• • 



vol. of vessel containing it AS^ 
*»' [—IB-] -"• 



BC . 



.*. substituting from above, 

1 — ^-rr" ■■ W» 



ftiV 



«*r 



1 -n*. 



v: 



o, ^ 



r (1 - n*) ' 

This is the value of the angular velocity which makes 
the surface of the revolving fluid pass through J ; all 
less velocities would make the surface pass above J, 
and all greater would make the surface, produced, pass 
below A ; hence the truth of the proposition. 

* This is easily apparent if the slice which would be cut off from the whole 
sphere by any two horisontal planes very dose to each other be considered, say 
that cut off by KLM in the figure, and a plane parallel to it at a small distance d^ 
{at the portion which belongs to the paraboloid is nrLM*»d, while the whole slice 
ianrKM*,d:ihe difference between these is nr ( KM* * LM*) d 

^nr(4M.Bd€''AM.BC)d 

^irAM(BM-BC)d 

:s:nrAM.MC.dy 
but if AK*C be a section of the sphere described upon AC M diameter AM, MC 
s MK'*, therefore the difference between the portion of the sphere BDKAE^ an4 
the portion of the paraboloid DAE cut off by these two parallel planes is equal to 
the slice of the sphere CK'A cut off by the same planes, and this is true wherever 
the planes be taken, and hence the above result may be deduced. 

7—2 
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(4) A bent tabe of rery small nmfomi bore 
throughoaty consists of two siarai^t 1^;8, of which one 
is horizontal and dosed at the end, and the other is 
vertical and open« If the horizontal leg be filled with 
mercury, and the tube be made to rcYolve about a 
Tcrtical axis passing through the closed end, so that 
the mercury rises in the rertical leg to a distance d 
from the bend, shew that the angular velocity is 



V 






I being the length of the horizontal leg, and h the 
height of the mercury in the barometer at the time of 
the experiment. 

Shew also that the mercury will not rise at all in 
the vertical leg unless the angular velocity be greater 

than — - — . 

Let ABC represent the tube revolving about a ver« 
tical axis through the closed end 
A ; P the height to which the mer- 
cury rises in the open vertical tube 
BC, and Q ' the distance to which 
it recedes from the axis in the ho- 
rizontal one, then, since the tube 
IS unifonui AQ » PB » d ; also by 
question AB « L Suppose the pres- 
sure of the atmospheric air upon 
P to be replaced by the weight of 
additional mercury poured into the 
open tube JBC, and let the upper 
surface of this mercury be at P', 
then PP' » A. 
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Now it is evident that since the pressure is nothing 
both at P' and Q, these two points must be in the free 
surface of the paraboloid, which would have been formed 
by the revolution about the vertical axis through J of a. 
sufficient quantity of mercury contained in an open vessel, 
with an angular velocity exactly equal to that of the 
tube in the given case ; call this velocity &., and let the 
dotted line P^QK be the supposed surface : draw P'J' per^ 
pendicular to the axis. Then, since the latus rectum of 

the parabola P^QKia (Art. 66) equal to — , we have 



fti* 



ft) 

F'A'*m^J'K', 



F'A'*-A^n.^BP'i 



W 
ft)' 






The least value of w for which the mercury will 
rise in the tube BC is clearly that just greater than the 
value which makes the parabola of the surface pass 
through P" and A, when P will of course be at £ ; but 

under these circumstances P = -^ A, or a;' « / . q.b.d. 

(5) Two hemispheres of equal radius are placed 
in close contact, so that their common surface is hori- 
zontal ; the upper one is fixed firmly and communicates 
with an air-pump : find the least number of strokes of 



102 GENERAL PBOPOSITIONS. 

the iMston in order that a giyen weight may be sus- 
pended from the lower hemisphere. 

The internal air must be so rarefied that the differ* 
ence between its normal pressure upon the lower hemi* 
sphere and that of the external air upon the same 
i^all be great enough for its yertical resolved part 
(Art 63) to be equal to the giyen weight, together with 
•the weight of the lower hemisphere. 

£x« Giren, the pressure of the atmosphere is 15lbs. 
per square inch, the volume of the sphere is 20 times 
that of the pump, the area of a great circle of the 
sphere is 2 square feet, and the weight to be suspended, 
together with that of the lower, hemisphere is 19|- ewt. 

Also log 2 B .3010300, log 2.1 » .3222193. 

(6) A cylindrical vessel is placed upon an inclined 
plane, and prevented from sliding ; find to what height 
it may be ^ed with water without being upset. 

(7) In a vessel containing fluid are placed two 
heavy particles connected together by a weightless 
string; their specific gravities are different, but such 
that the specific gravity of the compound body is the 
same as that of the fluid : describe what will take place 
when the vessel is made to revolve about its axis. 

Before the vessel revolves the bodies will rest any- 
where in the fluid, the light one lying vertically above 
the heavy, one. A consideration of Arts. 66 and 67 will 
lead to the explanation of the effect produced upon 
4heir position by the revolution. 
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SECTION V. 

laXTUBE OP GA8ES.~yAPOXTR. 

74. Boyle's law obtains for a mixture of gases as well 
as for a simple one ; indeed^ air, upon which the first ex- 
perimental proof of it was practised, is made up of two 
gases, oxygen and nitrogen, in the proportion of 1 to 4 
by weight : the experimental facts upon which the more 
general form of this law is based are the two following : 

(1) Whenever two gases of different densities are 
allowed to come into contact with each other, they very 
quickly intermix: and form a compound which is of uni- 
form density throughout and in which any equal volumes, 
wherever taken, always contain the same proportion of 
the two component gases. The rapidity with which the 
homogeneity is attained increases with the difference 
between the densities of the two gases. It may here be 
remarked, that no such intermixture ever results from 
the combination of inelastic fluids unless they be of equal 
densities ; and if it be produced among them artificially,, 
however complete it may appear, as in milk and tea, the 
fluids will in time separate themselves, and lie superim- 
posed upon one another in the order of stable eqnU 
librium. The case of fluids, whether elastic or not> 
which act chemically upon one another is not here con* 
sidered. 

» ■ . • ■ 

(2) if a gas compounded of given quantities of two 
different gases be put into a closed vessel, the pressiure 
at every point of it, or its elastic force (Art. 34), is the 
sum of the two pressures which would be respectively 
due by Boyle's law to the given quantities of the two 
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gases, if inclosed separately in the same vessel and 
at the same temperature as the compound : thus, let U 
be the capacity of the vessel, n the pressure of the com- 
pound occupying it, and let the quantities of the two 
gases, forming the compound, be such that the pressure 
of the first when occupying a volume V is P, and of the 
second in a volume V* is P', then the pressure of the 

r 

first in the volume U would be P — , and of the second 

F' V V 

P' -- , and therefore our result is 11 « P y + P' — ^ which 

takes the simple form 

UU^ PV+P'V' (1) 

Dr, Dalton has very concisely stated this fact by 
saying that ^' One gas acts as a vacuum with respect to 
another." 

From this formula it can be immediately shewn that 
Boyle's law holds for the mixture; for supposing the 
same quantities of the two gases had been put into a 
space U' instead of U*, then the pressure n' would have 
been given by the equation ; 

n'cr«PF + p'r. 

Now it is manifest that this latter compound is the same 
as the 'former, and therefore 11 and 11' are its pressures 
corresponding to the volumes (land Cf; but UUssH^lf 

gives. 

75. A gas and a liquid, when in contact with each 
other, and of such a character as not to act chemically 
upon each other, generally intermix in a partial manner : 
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if there be several gases present a portion of each pene- 
trates the liquid and pervades its whole extent uniformly; 
the amount of this portion is quite independent of the 
number of gases which may be so penetrating, but is 
always such that if it occupied alone the volume which 
the liquid does, its density would bear a certain propor- 
tion to that of the same gas, which is left outside and 
also supposed to occupy its space alone, this proportion 
depending upon the liquid and the gas together. 

This experimental fact may be stated more generally 
as follows : if the volume of a closed vessel be F+ U, and 
the part U be occupied by a given liquid, and if into the 
remaining space V any number n of gases be introduced 
in any quantities whatsoever, a portion of each of them 
will penetrate the liquid, and the ratio which the quantity 
of each gas remaining in V bears to the quantity of the 
same which pervades the liquid in U will be independent 
of n : thus if Vp be the one quantity, Up the other for 

a particular gas, it is always found, that p ^—p whether 

there be only one, or whether there be fifty gases sub^ 
mitted to the liquid at once ; as mentioned above, fx, will 
differ with different gases, but is constant as long as the 
gas and the liquid which are referred to remain the same. 
To take an instance : this proportion is found to be 
•j^ for oxygen and water, but only -^ for nitrogen an(J 
water ; hence assuming common air to consist of 1 part 
of oxygen and 4 of nitrogen, their densities would be in 
the same proportion if they occupied space alone, and 
therefore by our rule, the amount of oxygen absorbed 
by a given portion of water in contact with air would be, 
when compared with the amount of nitrogen absorbed 
by the same portion of water, as is ^i'^ : ^ or as 1 : 2. ' 
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76. In all our previous iDrestigaiioiis the effect of 
heat in modifying the action of fluids has been left out 
of consideration, or rather has been supposed to be in- 
yariable : this supposition holds true whenever the circum- 
stances of the case presume the temperature to remain 
constant, but if changes take place in it, there will 
generally be corresponding changes in the hydrostatical 
properties of the fluids. 

It would seem from experiment, that a free mass^ 
whether solid or fluid, never experiences a change in its 
temperature without undergoing some alteration in its 
dimensions ; and conversely. We may say generally, that 
additional heat imparted to a body causes it to expand, 
while the withdrawal of heat is followed by its contrac- 
tion ; the converse of this is equally general, that the 
forcible compression of a body makes it give out some 
of the heat which was necessary for its more expanded 
state, and the extension of it in the same way obliges it. 
to absorb heat. Whenever, too, the temperature of any 
body after suffering any succession of changes returns 
to any particular state, it is always observed that the 
dimensions of the body return also to a constant corre- 
sponding magnitude. 

77. By accurate observation of effects of this kind, 
it appears also that interchanges of heat always take 
place between portions of matter, whether in contact or 
at a distance from each other, until a species of equili- 
brium has been attained; when this is the case the 
different portions are said to have the same temperature. 
These facts lead us to the means of estimating and 
defining different stages of temperature and of measuring 
the. amount of its increase or diminution. Any instru- 
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ment constructed for this purpose is termed a ihermometer; 
of these there are many kinds, but it will be sufficient^ 
for the purpose of iUustrating the above-mentioned 
principle, to describe the mercurial thermometer. 

The TTiermometer. 

78. The construction of this instrument is based 
upon the fact, that for low temperatures the expansion 
of mercury under the action of heat is such that the 
increase of its volume is always proportional to the 
increase of the heat. 

It is merely a glass tube, developed into a bulb at 
one extremity; this bulb, together with a portion of 
the tube, is occupied by very piure mercury; and a 
vacuum is preserved in the remainder of the tube by 
the extremity being hermetically sealed ; the bore of 
the tube is extremely small, and therefore a slight ex« 
pansion of the whole mass of mercury makes a great 
difference in the length of the tube occupied. By the 
aid of graduations along the tube, the increase or de* 
crease in the volume of the mercury consequent upon an 
alteration of temperature may be readily observed, and 
therefore the difference between temperatures compared. 
If the difference between two known temperatures, or 
any part of it, be taken as the unit of measurement of 
temperature, this instrument affords us the means of 
expressing any other difference of temperature in terms 
of it. The two temperatures taken for this purpose 
are those of melting ice, and of boiling water ; in some 
kinds of thermometers, as the centigrade, the -j-^ P^ 
of the difference between these temperatures is chosen 
iFor the unit ; in others, as in Fahrenheit's, the j^ part 
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is taken. To graduate the thermometer accordingly; 
the instrument must first be plunged in melting ice^ 
and the level of the mercury in the tube marked ; it 
must then be submitted to boiling water and the level 
of the mercury again marked ; the volume of the tube 
between these two marks must be divided in the cen- 
tigrade into 100, and in Fahrenheit's into 180 equal 
parts ; each of these parts is termed a degree. These 
two kinds of thermometers also differ in respect to 
the division on the tube at which the numbering of the 
degrees commences; in the centigrade the reckoning 
starts from the freezing point, and therefore 100® indi* 
cates the temperature of boiling water, while in Fah- 
renheit's the initial point on the tube is 39f^ below the 
freezing point, thus making 212^ the boiling water point. 
These distinctions must always be carefully regarded 
in the consideration of the temperature as given by 
either thermometer; for instance, 40® centigrade indi- 
cates a temperature which is greater than freezing tem- 
perature by 40 degrees of that thermometer, (i. e. by 
-^^ of difference between freezing and boiling); but 
40® Fahrenheit is only 8 of its degrees (i. e. ^§77 of dif- 
ference between freezing and boiling) above freezing 
point : and generally, if F^ and C® be the corresponding 
numbers of degrees upon Fahrenheit's^ and the centi- 
grade thermometers respectively, which indicate the 
same given temperature, they must belong to gradua- 
tions which divide the distance between the boiling and 
freezing point, on each thermometer, in the same pro* 
portion. Now F^ of Fahrenheit denotes a graduation 
(F - Si) degrees beyond freezing point, and therefore 

i^ — S2 

one which cuts off of the distance between 

180 
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boiling and freezing points, while the graduation on the 

centigrade whose number is C, is at a distance from its 

C . . 

freezing point equal to — of the length between boiling 

and freezing ; therefore 

F-SQ C ,^ X ^ 

— , or 5(J?'-.S2)«9C; 

180 100 ^ / ^ » 

a formula connecting the numbers of those graduations 
on the two thermomeiers which correspond to the same 
temperature. In a similar manner might be inyestigated 
a formula for any other two thermometers whose mode 
of graduation was known. 

The advantage of Fahrenheit's thermometer oyet 
the centigrade and otheifs is, that the degrees are small, 
and therefore fractional parts of them are the less 
frequently requisite in observations, and that the com- 
mencement of the scale is placed so low that it is 
seldom necessary to speak of negative degrees. 

79. The filling and graduating of a thermometer 
is an afiair requiring great skill and precaution,, but a 
description of the usual methods pursued for the pur« 
pose is not here necessary. The temperature at which 
ice melts seems to be absolutely constant under all cir-^ 
cumstances, but that at which water boils is not so, 
unless the pressure and hygrometrlcal state of the atmo<* 
sphere is also the same. 

It ought, perhaps, to be here remarked that the 
expansion of the mercury measured by the thermometer 
is not absolutely that of the mercury itself, inasmuch 
as the tube too expands ; it is therefore the difference 
between these two expansions which the graduations 
give us : but this fact introduces no difficulty, because 



t ,'. 
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the expansion of the glass, like that of the mercury, is 
proportional to the increase of heat, and therefore the 
diiGTerence between the two expansions must also be 
proportional to it. 

The expansion of solids is not so often made use 
of for the measurement of temperature as that of fluids, 
both because it is much smaller in amount and is less 
easily measured. 

80. When a thennometer is brought into the 
neighbourhood of a medium or substance whose tem-* 
perature is desired, its presence alters that temperature 
by the interchange of heat which immediately takes 
plaoe, and which is indeed essential to the use of the 
thermometer ; it is this new temperature which is the 
subject of observation, and not the original ; under or-» 
dinary circumstances, howeyer, when the mass of the 
thennometer is small compared with that of the substance 
around it (Art. 87)9 there is no appreciable difference 
between them. 

81. It is a curious circumstance with regard to 
water, that although it decreases in Tolume as its tern* 
perature diminishes down to about 40° Fahrenheit, for 
a still further diminution its Tolume increases again. 
Some most important results following from this fact 
will be noticed below. 

82. The expansion of gases under heat is regu* 
lated by a very simple law : the ratio of their increase 
of volume to their original volume is for all gases in the 
same proportion to the increase of temperature, provided 
the pressure exerted upon them remains unchanged^ 
whatever that pressure be ; thus if V be the volume of 
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a gas at a given pressure and temperature, F^itij yolumo 

at the same pressure, but at a temperature increased by 

F'-F 
f*, then — - — « at, or 

r- r(l + aO (1). 

where a is a number which is the same for all gases, 
but varies, of course, with the magnitude of the degrees 
in terms of which / is measured. If p^ represent the 
original density of the gas when occupying the volume 

r, and p its density in the volume F*, — = -=;7 ; there- 

fore by substitution (l) becomes 

^--(l + aO (2), 

P Po 

the pressure being the same, po suppose, both at density 

p and pq. Now suppose the density to change from p* 

to p, the temperature remaining tiie same as that in 

(2), then by Marriott's law, if ^ be the new pressure, 

Po P Po 

but Pq « kpQ where £ is a constant known quantity for 
any given gas ; therefore by substitution 

pmkp(l -^ at) (3). 

a relation between the pressure, density, and temper- 
ature of any given gas. When Fahrenheit's degrees are 
used, a B .0021 nearly. 

83. We are unable to ascertain the amount of heat 
actually contained by a body when exhibiting a given 
temperature, but by careful thermometric experiments 
we can discover how much heat is absorbed or given 
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out by it in ]Mi8siiig from one known temperature to 
another ; the amount of this heat so absorbed or eyolved 
being estimated by the number of degrees to which it 
will raise the temperature of a given mas^ of water. 
The results of such experiments are, that for the same 
substance : 

(1) The quantity of heat required to be absorbed 
or given out, in order to produce a given increase or 
decrease respectively of temperature, is proportional to 
the mass : 

(2) The quantity absorbed or given out by a given 
mass is in a constant proportion to the consequent in^ 
crease or decrease of temperature. 

84. This may be concisely illustrated by saying 
that if m and ni be two masses of the same substance 
exhibiting temperatures / and i' respectively, and if t 
be the uniform temperature which these two masses 
united will attain, then 

(m + m) T^mi + mi . 

Thus if any volume of water beated to 70^ of any 
thermometer, be mixed with twice the same volume of 
water at 100°, the mixture will be found to have the 
temperature of 90^ by the same thermometer. 

85. "When we come to the consideration of different 
substances, we find the constant ratio of law (2) is 
different for each : if q represent the quantity of heat 
absorbed by a unit of mass of distilled water in order 
to increase its temperature by one degree of heat, and 
g' the quantity required for the same purpose by a unit 
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of mass of mercury, q and q are very different ; of course 
their absolute magnitudes would, by both laws, vary in 
proportion to the magnitude of the unit of mass and the 
degree of heat ; but their ratio, instead of being unity, is 

— = .033 nearly : if q refer to spermaceti oil, — « ,5. 

This general fact may be got at by a variety of ex- 
periments. For instance, if equal weights of quicksilver 
and water be mixed, the first having a temperature 40**, 
and the second 156**, the temperature of the resulting 
mixture is found to be 152^3 ; it thus appears that the 
water has lost heat while the mercury has gained some, 
and it cannot be doubted but that these quantities are 
equal ; but then this quantity abstracted from the water 
only diminishes its temperature 3^.7, while it raises the 
temperature of the mass of mercury, to which it is 
added, and which is equal to the mass of water, 112^3. 
From this it may be inferred, that for raising a given 
mass of mercury 1° it requires j-f^ of the heat which will 
produce the same result in an equal mass of water. 

Again, if a pound of water at 100** be mixed with 
two pounds of oil at 50°, the resulting temperature will 
be 75° ; therefore the same heat which will lower l lb. 
of water 25^ will raise 2 lbs. of oil the same amount. 

86. These quantities, q and q\ are generally deno- 
minated the specific heats of the respective substances, 
and are most commonly measured in terms of the spe- 
cific heat of some one substance, taken as the unit ; if 
this one be distilled water, as is usually the case, we 
should have j, the specific heat of mercury, « .033 ; and 
similarly for all other substances. 

S7. To include these results under a general for« 

8 
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mnla, let t* be the temperature resoltiB^ firom the com- 
biiiation of a mass m» say of mercury, at a temperature 
f*, with a mass m\ say of water, at a temperature f^ ; 
and let q^ ^^ as before, be the specific heats of mercury 
and water respectiyely. 

Suppose ^ to be greater than /", and C, estimated in 
terms of the same unit as q and q[, the quantity of heat 
lost by the whole mass of mercury and tiierefore gained 
by the water ; since then it would require a loss of heat 
ss mq to reduce the temperature of the mercury one 

degree, its actual reduction is ; similarly the in* 

mq 

crease of the water's temperature must be —7-7 , there- 

m q 

fore we have 

t «r + 



mq mcl 

from which results by the elimination of C, 

(mg + mq) r ^mqt + m'q'i (o), 

.•.?^ = 4^ 03). 

q m {r - 1) ^ 

the equation (Art. 80) is evidently only a particular case 
of (a). 

88. The foregoing definition of specific heat is not 
extended to gases. It is found more convenient in such 
cases to speak of two kinds of specific heat : the first 
refers to the quantity of heat required to raise by one 
degree the temperature of a gas contained by the rigid 
sides of vessels of constant volume : the second, to the 
quantity required to increase by one degree the tem- 
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perature of a gas contained by the extensible sides of 
a vessel of such nature that the pressure is maintained 
constant. 

89. It has been remarked (Art. 76) that an alteration 
of the temperature is always accompanied by an altera- 
tion of the dimensions of a body, unless some constrain- 
ing force be in action : it may be further asserted that 
all solid bodies may by a sufficient increase of heat be 
rendered liquid, and by a still greater increase, changed 
into vapour. The converse seems also to be true, that all 
elastic fluids will upon a withdrawal of heat become in- 
elastic, and, if the process be continued long enough, at 
length solid. In short, alteration of temperature in any 
substance is always accompanied by either change of 
volume or change of chemical character. Also with elastic 
fluids increase or decrease of pressure produces the same 
effects as decrease or increase of temperature respectively. 

90. The term vapour is usually applied to those 
elastic fluids which at ordinary atmospheric pressure 
and temperature lose their elasticity. The laws con- 
necting their changes of temperature, pressure and 
fluid state, are very important, the more so as one of 
them, steam, is now of such extensive application as a 
motive power. 

91. When an inelastic fluid occupies a portion of an 
inclosed vessel, the remainder being at first a perfect 
vacuum, a certain amount of vapour is disengaged from 
the fluid and passes into the empty space, until the 
space will hold no more at that temperature ; this space 
is then said to be saturated with the vapour and the 
vapour itself to be at saturating density : the tempera? 

8—2 
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tare at which a given denaty of vapour saturates space 
is termed the Dew Point of that densily : the origin 
of this term will be explained in a later article. If the 
temperatm'e be now increased, without any alteration in 
the volume of the inclosing vessel, the elastic force of the 
vapour increases also : and it does so to a much greater 
extent than accords with Boyle's law ; this arises from 
the circumstance that additional vapour is generated by 
the fluid, and therefore the space in its new state of 
saturation corresponding to the new temperature contains 
more vapour than before. The law which connects the 
density of a vapour with its dew point is not simple, and 
need not be introduced here. 

92. If the space containing the vapour be shut off* 
from all communication with the fluid, an increase or 
decrease of temperature in the vapour will cause an alter- 
ation in its pressure, accordant with the law of Boyle, 
down to the point when the temperature is just sufficient 
to retain the given vapour in an elastic state, i. e. down 
to the dew point of its density ; at this point and below 
it, just so much of the vapour will be deposited in its 
liquid state as will leave the remainder at the required 
saturating density. 

Again, if the temperature remaining constant, the 
space above the liquid be increased, sufficient vapour will 
be disengaged to keep the space saturated. 

Generally, then, if vapour rise into a void space, it 
will, whether in contact with its own liquid or not, main* 
tain a given density at a g^ven temperature, a portion 
of it, if necessary, becoming condensed : excepting be- 
yond the limiting temperature when its quantity is not 
aufficient to effect this, and then it follows Boyle's law* 



MIXTUBE OF GASES.. 117 

93. There is every probability that what are usually 
termed permanent gases are yapours whose saturating 
densities are very great for low temperatures, and thence 
arises the difficulty of reducing them to the liquid 
State. 

94. The results which have just been stated with 
respect to the quantity of vapour which rises at a given 
temperature into a void space from a liquid exposed to it, 
are also true when the space is already occupied by any 
other gases or vapours ; the only difference is, that in thia 
case time is required to complete the saturation, 

95. When a space is occupied by any number of 
gases and vapours together (these last being supposed at 
saturation density, otherwise they are, as far as we are 
concerned, gases,) the laws of Art, (74) obtain for the 
mixture : it is uniform throughout, and the pressure at 
every point is the sum of those pressures which would 
be separately due to the individual gases or vapours if 
they occupied the space alone, 

96. The curious phenomenon of ebullition which 
takes place when water is heated to boiling point admits 
of explanation by the aid of the foregoing principles. 
When the vessel is placed upon the fire the particles of 
water next its sides become heated^ rise to the surface, 
and there give off their vapour : the colder particles 
which take their places become heated in turn, and by a 
continuation of this process the whole mass becomes 
gradually heated ; but so far the operation of heating is 
quite tranquil. At length the lower layers attain such 
a temperature, that the pressure of their vapour at the 
corresponding, saturating density is greater than that of 
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the superincumbent fluid : this yapour therefore expands, 
forms itself into bubbles and rises towards the siur&ee ; 
but in its progress it comes into fluid of a lower tempe- 
rature and is consequently suddenly condensed ; this 
produces the bubbling noise and disturbance in the water 
which precedes the boiling. These heated bubbles of 
vapour howcTer greatly accelerate the equalization of 
the temperature of the whole fluid : it finally becomes 
uniform, and the bubbles of vapour generated in all parts 
of the fluid pass out to the surface at uniform pressure, 
which must manifestly equal that of the atmosphere ; the 
disturbance arising from the passage of these bubbles 
continues, but the crackling and bubbling has ceased and 
the boiling is completed. Ebullition, then, which is the 
criterion of boiling, occurs as soon as the temperature 
of the interior particles of the fluid becomes such that 
the pressure of their vapour at the corresponding satu- 
rating density is greater than the pressiure of the sur- 
rounding fluid. 

We see from this explanation that the pressure of 
the atmosphere upon the surface of water, must materi- 
ally aflect the temperature at which water will boil, and 
must therefore be taken into consideration in the gradua- 
tion of the thermometer. The height of the barometer 
is about 30 inches when boiling water has the tempera- 
ture 212® indicated by Fahrenheit's thermometer. 

97. The preceding laws connecting the pressures 
&c. of a mixture of a gas with vapour may be exhibited 
in an algebraical form. Suppose the gas to be always 
in contact with liquid afibrding the vapour, and its 
quantity to be given, then if V be the space it occupies 
at temperature U and if jp denote what would be its 
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pressure if it occupied that space alone, by Art. (82), 

p^'y(l + at)...(i) 

because the quantity of gas remaining the same its 
density varies inversely as its volume. Now by Art. (74) 
if P be the whole pressure of the mixture, F the elastic 
force or pressure of the vapour at saturating density, 

P = jp +F (e) 

therefore substituting above, 

98. From the preceding remarks it may be col- 
lected that, when bodies change their state and dimen- 
sions, a portion of heat is always either absorbed or given 
out by them, and that this portion is not all accounted 
for by the consequent alteration in their temperature. 
In fact one part of the heat absorbed or given out is 
employed in producing mechanical changed in the body 
itself, i. e. in making it larger of smaller, or in altering 
its chemical nature, the other goes towards increasing 
or decreasing the temperature. The definition above 
given of specific heat takes the whole of this heat into 
consideration while the first part is usually distinguished 
by the name of latent or insensible heat. 

99. The quantity of heat which becomes latent in 
the passage of an inelastic fluid into the gaseous state is 
very great, all of which is absorbed by the vapour at the 
moment of its generation either from its parent fluid or 
from any solid body with which it may then be in con- 
tact, such as would be the case if the evaporating liquid 
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were percolating any substance. The vapour and liquid^ 
like all bodies which are in contact^ and which readily 
impart heat to each other, are always of the same tern- 
perature and therefore during the evaporation, if no ex* 
traneous heat be supplied them, they will both gradually 
cool, and thus, if the pressure above the liquid be dimin- 
ished sufficiently to keep it boiling notwithstanding the 
lowered temperature, a freezing of the liquid will actually 
be the result of its boiling.. 

With the aid of the air-pump many experiments may 
be made to shew this remarkable phenomenon : but per- 
haps the most instructive of all is the following : If two 
bulbs of glass be connected by a bent tube and one 
be filled with water and then heated so that the vapour 
rises sufficiently to drive all air out of the tube through 
an orifice in the empty bowl, and if this orifice be then 
closed, the pressure of the included steam will after cooling 
be reduced to that whicL is due to the temperature of 
the air : if now the empty bulb be immersed in a freezing 
mixture the steam will have its pressure so diminished that 
the water in the other bulb will immediately boil very 
rapidly, and the consequent vapour will carry off from it 
to the freezing mixture enough latent heat to convert 
the remaining water into ice: this apparatus was invented 
by Wollaston and called by him the Cryophorus, or frost- 
bearer. 

100. This explanation fully accounts foi^ the well- 
known cooling effect of evaporation. A sudden dilata* 
tion of a gas produces the same result, as does also the 
reduction of a solid to a liquid state, such as the thawing 
of ice. On the contrary, physical changes of an opposite 
kind cause the body to evolve heat : thus when quicklime 
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is slaked and a species of concretion or solidification of 
the water thereby produced, considerable heat is given 
forth. Also in some neat contrivances for lighting 
matches the necessary heat is produced by a sudden 
forcible condensation of gas> or compression of a solid. 

101. Many meteorological phenomena, such as clouds, 
fogs, rain, dew, &c. are caused by changes of temperature 
taking place in an atmosphere charged with moisture. 
We are now in a position to offer some explanation of 
them. 

The water at the surface of the earth in contact with 
the atmosphere is continually giving off vapour, but not 
with sufficient rapidity, compared with the compensating 
causes, to produce general saturation : the portion of air 
nearest the earth's surface is found at mean temperature 
to contain about half the quantity of vapour required 
to saturate it. It may be here mentioned that the ratio 
which the quantity of vapour actually present at any 
time in a portion of air bears to the quantity which would 
saturate it at the temperature then existing, is taken as 
the measure of the hygrometrical state of the air at that 
time. The instruments, of which there are various 
kinds, used for ascertaining this ratio are termed hygro- 
meters. 

102. The vapour formed at the surface of the earth 
has a much less specific gravity than the air, it there* 
fore rises rapidly, and becoming in consequence exposed 
to a diminution of atmospheric pressure, expands ; this 
expansion cools the surrounding air which was proba^ 
bly at a lower temperature already than that near the 
earth ; and it thus happens that at a certain height the 
Tapour is very nearly sufficient to produce saturation ; 
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here, therefore, if any reduction of temperature is by 
any means effected, vapour must be condensed. Now 
the first form of condensation of a mass of vapour is 
that which is exhibited by steam issuing into the atmo- 
sphere and which makes it visible : the vapour seems 
to condense into little hollow spheres, or vesicles, having 
a nucleus of air in the center, which owing to the evo- 
lution of latent heat is of a temperature certainly not 
less than that which the vapour had previous to conden- 
sation ; each sphere, together with its included air, pos- 
sesses a specific gravity which need not be greater than 
that of the surrounding atmosphere, and thus the whole 
mass will float in a visible form, which we call a clotui. 

103. A still further diminution of temperature 
causes the vesicles of the clouds to collect into solid 
drops, which being necessarily of greater specific g^ra- 
vity than air, immediately fall to the surface of the 
earth and produce what is called rain. 

104. Changes of temperature of the kind here 
supposed may be often attributed to electrical causes, 
but generally, no doubt, they result from the passage 
of a current of hotter or colder air. It is possible that 
masses of air, each charged with vapour, should by 
meeting form a mixture, whose reduced temperature 
would reqiiire for saturation less vapour than that which 
they altogether brought with them; this would cause 
the instantaneous appearance of a cloud, and, perhaps, 
rain ; and would very well account for a phenomenon 
which is by no means uncommon. 

Any mechanical means which would bring a quantity 
of air already saturated into a space where a temperature 
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lower than its dew-point obtains^ would produce a mani- 
festation of vapour or rain ; it thus happens that the 
tops of mountains are very generally capped with clouds; 
for the currents of air charged with moisture, which are 
carried along by the winds nearly parallel to the sur- 
face of a level country, slide up the sides of any hills 
which they meet with, and are thus raised by them, as 
by inclined planes, into an elevation, where the tempera- 
ture perhaps, for reasons mentioned in Art. 102, is always 
lower than it is below. 

105. Snow results from the freezing of vapour at 
the moment of condensation, while hail proceeds from 
the freezing taking place after the drops have been 
formed, and during their passage, in falling, through a 
portion of air having a very low temperature. 

106. Fogs and mists are only clouds in different 
states of density actually in contact with the earth^s 
surface. 

107. DeWf and hoar frosty and night-fogs are phe- 
nomena of the same class as the preceding: although 
their immediately acting cause is peculiar. They are 
produced by the earth and the objects near its surface 
becoming colder than the superincumbent air, and then 
acting upon it as a refrigerator: the layer next the 
earth may thus have its temperature so much reduced 
that the vapour contained by it is too much for its 
saturation, the superfluous quantity will then be depo- 
sited in the form of Dew; at the same time, a little 
higher up, the temperature may be only just low enough 
to exhibit the condensed vapour in the shape of a fog, 
while above this the air will be clear. If, again, the 
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temperature of the earth under consideration be as low 
as freezing-point, the vapour will freeze upon conden-^ 
sation, and an effect similar to snow will be produced 
on the surface of the earth ; this is hoar frost. It is 
sufficiently apparent that the air in valleys, and above 
streams and pieces of water, will receive more vapour 
in the course of the day than that elsewhere, and will 
therefore be the more nearly saturated; hence it is 
that these places are the most favourable for exhibiting 
fogs, dews, &c« 

108. It remains now to explain how it is that the 
earth so often becomes colder at night than the air 
above, and thus produces the effects just described. 
There are three distinct modes in which heat may be 
transmitted from body to body, Condtictian, Convection, 
and Radiation. It is conduction when the heat passes 
from one part of a body to another, through the inter- 
mediate particles, or from one body to another which 
is in conta>ct with it ; thus if one end of a metal wire 
be heated in a candle, the other will become hot by 
conduction; and both the warmth experienced when 
the finger is immersed in boiling- water, and the cold, 
when it touches ice, are the effects of conduction ; in 
the first case it communicates heat from the water to 
the finger, and in the other it takes it from the finger 
to give it to the ice. Some bodies are so much better 
conductors than others, as to produce very different sen- 
sations of heat upon being touched by the hand, although 
the real temperature of all may be the same ; all metals 
are so in comparison with wood, &c.; and of this fact 
practical use is made when ivory handles are attached 
to teapots. Silk and ivool are Vfell known nonconduc* 
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tors, and are therefore admirably adapted for dothes, 
to preyent the ammal heat from escaping too rapidly. 

When any fluid, elastic or not, after receiving heat^ 
passes to another place and there gives it up again, the 
process of transmission is termed CanvecHon. 

Sadicuion is of quite a different character ; it is a 
term used to designate the process of interchange of 
heat which is continually going on between all sub- 
at all distances from each other. Each body 
to throw out its own heat in aU directions around 
itself, just as light radiates from a luminous point, and 
to absorb that which comes to it in the same way from 
its neighbours. It is an ascertained fact, that when a 
portion of the surface of any body receives heat from a 
source which is at the same temperature as itself, it 
absorbs exactly the same quantity which it radiates; 
and thus when equilibrium of heat is once established 
amongst bodies surrounding each other, it will be always 
maintained, unless disturbed by some extraneous cause; 
but if the portion of radiating surface be opposed to 
no source of h^t whatever, it will lose all the heat 
which radiates from it, and the whole of the body of 
which it forms a part will cool by conduction. 

109» Our promised explanation is now easy, for it 
80 happens that the radiating power differs extremely 
with different substances, and that with air, as with all 
perfect fluids, it is almost zero ; at the same time air 
presents little or no obstacle to the free radiation of 
heat through it : thus at night, when the sun and all 
extraneous sources of heat are removed, the surface of 
the earth and the bodies upon it will entirely lose just 
80 much of their heat as radiates through the air into 
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empty gpace, sapposing no such objects as clouds, trees, 
&c.y exist in that direction to return it ; they may there- 
fore cool sufficiently below the temperature of the air 
with which th^ are in contact, to effect by conduction 
the results described. 

This explanation is confirmed by the extraordinary 
difference in the quantity of dew which is observed to 
be deposited in the same place, upon objects of differ- 
ent kinds; thus grass, and the leaves of most vegetables, 
glass, chalk, and generally bodies with rough or dense 
surfaces, all of which have a power of rapid radiation, 
will be covered with dew at a time when metals and 
many bodies with smooth sur&ces lie almost dry by the 
side of them. 

110. If a solid body be introduced any where into 
the atmosphere, and if its temperature be just below that 
point at which the vapour in the atmosphere around it 
is sufficient to saturate it, some of this vapour must be 
deposited upon its surface in the form of dew. Hence 
if the temperature of such a body be observed, as it is 
gradually made to cool down till dew is seen upon it, 
and if also it be observed when it is reheated till this 
dew disappears again, the real temperature at which the 
vapour in that particular part of the atmosphere saturates 
it, and which must evidently be intermediate to these 
two, can be approximately ascertained. This tempera- 
ture is called the dew-point (a term which we have already 
used) for that portion of atmosphere at that time, and 
from it can be obtained the actual quantity of vapour 
present, by the aid of tables which connect the saturat- 
ing density of vapour with the corresponding tempera- 
ture. 
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111. The heating or cooling of liquids is almost 
entirely effected by convection, as their conducting 
powers are slight. This has been already assumed to be 
the case in the explanation given of the boiling of water, 
and is confirmed by the circumstance, that to make water 
boil by heating it from above is a process requiring 
much time : the upper particles are in this case the 
first to have their temperature heightened, and they do 
not then, as the lower would under like circumstances, 
give place to others, because their diminished specific 
gravity is a sufficient reason for their remaining where 
they are. 

When liquids cool from above, i. e. when they lose 
the heat which radiates from their upper surfaces, each 
layer of particles as it becomes cooler than the rest, and 
therefore has its specific gravity by the contraction of 
its volume increased beyond that of the liquid below it, 
sinks, and is replaced by the adjacent portions of the same 
liquid, which will in turn undergo the same fate ; thus the 
whole mass has its temperature uniformly reduced ; and 
if this reduction goes as far as the freezing point, the 
whole will be congealed. 

If such were the result of the cooling of water, it 
would be most disastrous in the present condition of our 
globe : aU aquatic life would be destroyed every time that 
a severe frost occurred, and a lake or river when once 
converted into solid ice would never melt again in our 
climates, for the heated water resulting from the partial 
thawing of the surface, would not, for the reasons just 
given, convey downwards sufficient heat for the thawing 
of the remainder. Fortunately for us the law given 
above, by which water contracts, prevents these un- 
pleasant consequences : after a volume of water has been 
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reduced down to a nmfomi tempeninre €£ 4Xf, npaa a 
cantinuntiim of ilie cooling proceas, its iqiper particles 
win ceue to descend and will soon become a sheet of 
ice, wiiidi by its non-condncting power materially pre- 
serves ibe remaining water finom the further effect of 
cold. 



GENERAL EXAMPLES, 

(I) A tbin conical surface (weight IF) just sinks ix> 
the sur&ce of a fluid when immersed with its open end 
downwards : but when immersed with its vertex down- 
wards^ a weight equal to m TFmustbe placed within it to 
make it sink to the same depth as before : shew that, if 
a be the length of the axis, h the height of the colunm 
of the fluid, the weight of which equals the atmospheric 
pressure, 

^ ^ •/ ' 

It is evident from the question that the weight of 
the fluid displaced in the second immersion is to the 
weight of that displaced in the first :: 1 + m : m. 

But the volume displaced in the first case h that 
occupied by the compressed air within the shell, and is 
therefore a cone whose axis may be represented by z^ 
while that in the second case is the volume of the whole 
cone ; now the volumes of these cones are in the ratio 
of the cubes of their axes ; therefore, 

r^-i+^ 0) 
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Again, the pressure of the air compressed into the 
cone whose axis is ss must balance the pressure due to 
the depth j^r below the surface of the fluid ; and before 
compression when it occupied the whole volume of the 
cone, its pressure balanced a column of fluid equal to 
hi therefore 

■^'-r ^*> 

hence, substituting in (l) 

ss +h 

r— = 1+111, 

or ss'^ mh, 

and therefore again from (!) — ««» v/T+w^ 

h 

(2) A hollow conical vessel floats in water with itd 
vertex downwards and its base on the level of the water's 
surface : it is retained in that position by means of a cord, 
one end of which is attached to the vertex and the 
other to the center of a circular disc lying in contact 
with the horizontal plane upon which the water rests; 
given the dimensions of the cone and the depth of th^ 
water, find the smallest disc which will answer the pur- 
pose, neglecting the weight of the cord, cone, and disc. 

As there is no fluid under the disc the residtant fluid 
pressure upon it is the same as the total pressure upon 
its upper surface : it is therefore equal to the weight of 
a cylindrical column of the fluid having the disc for its 
base and the depth of the fluid for its height : since the 
horizontal plane can only exert a force of resistance, the 
smallest disc is evidently that, upon which this downward 

d 
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fluid pressure is just sufficient to balance the tension of 
tibe string upwards, when the cone is in the given state 
of immersion : but the force required to be exerted by 
the string in order to hold the cone in this position is 
equal and opposite to the resultant of the fluid pressures 
upon the surface of the cone, i. e. to the weight of the 
fluid displaced by it. Hence we conclude that the 
smallest disc required will equal the base of a cylinder 
of the fluid, whose altitude is that of the fluid and whose 
volume is that of the given cone. 

(3) A body in the form of an equilateral triangle 
floats in water ; determine the condition to be satisfied in 
order that one angular point may be in the surface of 
the water and the opposite side vertical. 

The centers of gravity of both the triangle and the 
fluid displaced by it may be easily proved to be in the 
same vertical line ; the condition referred to therefore 
concerns the specific gravities of the triai^le and fluid. 

(4) A pyramid with a square base and with sides 
which are equilateral triangles is placed on a horizontal 
plane and filled with a fluid through an aperture in the 
vertex ; find the pressure on one of the sides. 

If the pyramid have no base find its least weight con- 
sistent with its not bemg raised from the plane. 

(5) The surface of a man's body contains 14^ square 
feet; find the pressure on it when at a depth of 20 
fathoms in salt water whose specific gravity is 1.026. 
State also how the resultant of this pressure might be 
found. 

(6) If a cubic inch of distilled water weigh 253 grains. 
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and the specific gravity of salt water be 1.026, what will 
be the pressure on a square inch at a depth of 20 feet 
below the level of the sea? 

(7) A cone with its axis vertical and base down- 
wards is filled with fluid, find the normal pressure on the 
curved surface, and compare it with the weight of the 
fluid. 

(8) A cubical box filled with a fluid of a given 
weight Wf is supported in such a position that one of its 
edges is horizontal, and that one of its sides passing 
through this edge is inclined atj an angle a to the 
horizon, shew that the sum of the pressures on the six 
faces is equal to 

S JT (sin a + cos a)i 

(9) An isosceles triangle has its vertex in the sur- 
face of a fluid and base parallel to it, find the pressure 
and center of pressure. 

(10) Find the center oi pressure of a parallelogram, 
whose diagonal is vertical with one extremity in the sur- 
face of the fluid. 

(1 1) If the side of a rectangle be horizontal and at 
a given depth below the surface of a fluid, determine the 
whole pressure on the rectangle ; and shew that it lies 
below the center of gravity of the rectangle. 

(12) A hemispherical bowl is filled with fiuid, and 
different sections of it are taken through the same tan- 
gent line to its rim : determine the section upon which 
the pressure is the greatest. 

9—2 
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(15) A portioii of a paraboloid cat off by a plane 
perpendicular to its axis, floats with its axis Tcartical in a 
cylinder containing two fluids, each of nniform known 
density, which do not mix. Having given that the radius 
of the cylinder, thelatus rectum, and length of axis of 
the paraboloid are all equal: find the volume of the 
upper fluid when the two ends of the axis of the para- 
boloid prqject equal distances above and below the sur* 
face of that fluid when there is equilibrium. 

(14) ABC is a right-angled triangular plate and it 
floats with its plane vertical and the right angle C im- 
mersed in water: prove that if its specific gravity be to 
that of water as 2 : 5, and CB : CJ « 5 : 4, CB is cut by 
the surface of the water at a distance firom C^CA. 

(15) One end of a uniform rod is attached to a 
hiqge fixed in a mass of fluid ; to the other is attached 
by a free joint the vertex of a cone which floats in the 
fluid. Given that the volume of the cone is 9 times that 
of the rod and the specific gravity of the rod 20 times 
that of the cone : find the specific gravity of the fluid in 
order that the cone may float with ^ of its axis im-^ 
mersed. 

(16) A right cylinder of radius a and height 2 A 
floats in a fluid of double its density with one of its 
circular ends entirely out of the fluid. Shew that it can 
rest with its axis inclined at a certain angle to the vertical 



.— • 
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(17) A piece of zmc (whose specific gravity is 6.9) 
weighs 59 oz. in distilled water and 61 in alcohol, find the 
specific gravity of alcohol. 
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(18) A lump of metal weighs 59 oz. in water and 6l 
oz. in alcohol whose specific grayily is .8 : find its weight 
and specific gmyitym 

(19) A uniform cylinder when floating with its axis 
vertical in distilled water sinks to a depth of 3.28 inches 
and when floating in alcohol.sinks to a depth of 4.1 inches ; 
^d the specific gravity of alcohol, 

(20) A vessel of given weight in sailing down a river 
leaks V cubic feet of water and is observed to be immersed 
to a, given depth. On reaching the sea V cubic feet are 
pumped out : «id after V" cubic feet of sea water have 
been leaked, the vessel is observed to be immersed at 
the same depth as before : find the specific gravity of sea 
water. 

Obtain a numerical result, taking specific gravity of 
fresh water « 1, weight of ship = 100 tons, F« lOOO, 
F'«500, F"-600. 

(21) Assuming that 100 cubic inches of air weigh 
SI.0117 grains and a cubic foot of water weighs 1000 oz., 
compare the specific gravities of air and water : and if 
34 feet be the height of a column of water which the 
atmosphere will support, shew that the height of the 
litmosphere considered homogeneous is about 5 miles, 

(22) The weight of a cubic foot of water being 
1000 oz. and its specific gravity unity, determine the 
specific gravity of a substance whose bulk is m cubic 
inches and weight n oz. 

(2S) A cubic foot of water weighs 1000 oz., what is 
the specific gravity of a solid of which a cubic yard 
weighs 549 lbs ? 
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(24) A cube of wood floating ia watet descends 1 
inch when a weight of 30 oz. is placed on it ; find the 
size of the cube supposing a cubic foot of water to 
weigh 1000 oz. 

(25) If the specific gravity of air be «, that of water 
being l> and i£ W, fF' be the weights of a body in air 
and water respectively! shew that its weight in vacuo 

1 -« 

(26) A metal cylinder floats in mercury with» one 
fourth of its bulk above the surface. Find the specific 
gravity of the metal^ that of mercury being 18.6. 

(27) A piece of wood weighs 6 lbs. in air ; a piece 
of lead which weighs 12 lbs. in water is fastened to it and 
the two together weigh 10 lbs. in water: find the specific 
gravity of the wood. 

(28) To a piece of wood which weighs 4 oz. in vacuo 
a piece of metal is attached whose weight in water is 
3 oz. and the two together are found to weigh 2 oz. in 
water : find the specific grsmtj of the wood. 

(29) A lump of silver weighs 521 grains in air and 
470 grains in water, find the specific gravity of silver, and 
also the volume of the lump, having given that the 
weight of a cubic inch of water is 252.458 grains. 

(80) A cubical block of marble whose edge measures 
2 feet and whose specific gravity is 2.7 has to be raised 
out of a river : determine its weight when entirely im- 
mersed and also when lifted out of the water. 

(31) Two bodies J and £ in air weij^h 10 lbs. an4 
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15]1ml respedxTd^: in mercnrj B alone and A and B 
together weig^ reqiectiTdiy 9 Uml and llh.: iriiat is^s 
ipedfie gnmlj, that cf nnercmy beiiig 13^? 

(5S) A cubic inch of pore gtU (specific g i aviiy i6^) 
is mixed with two eofaic indies of merciny (specific 
gravitj 13.6), find the specific gnmiy of the compound. 

{S^ What weight of water must be added to a 
pound of fluid whose spec^ gr a v ity is ^ in order that 
the specific gravity of the mixture may be £? 

(34) l£p parts by weight of a metal whose specific 
gra;v i ty is s when fused with p' parts of a metal 
whose specific gravity is s form an aUoy whose specific 

grarity is S, shew that — th part of the volume* of the 

whole has been lost by condensation during the mixture 

where l-i-"'^"*"') 



n S(ps+p'sy 

{S&) The temperature at one place is 24? by the 
centigrade and at another 59? by Fahrenheit. What is 
the difference by Fahrenheit's? 

(SS) What is meant by the sensibility of the ther- 
mometer? What degree of a centigrade corresponds 
to 60 of Fahrenheit, and what degree of Fahrenheit's to 
60 of the centigrade? 

(37) Having given a certain temperature in degrees 
according to Fahrenheit's thermometer, find the number 
of degrees indicating it on De Lisle's thermometer, 
where the space between boiling and freezing point is 
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divided into 150 deg^ees^ and the boiling point is taken 
the zero of the scale. 



(38) The point at which mercury freezes is indi- 
cated by the same nirniber on the centigrade and on 
Pahrenheit^s scale : determine the number, 

(39) In a vessel not quite full of water, and closed 
at the top by a flexible membrane, a small glass balloon, 
open at the lower part,, contains sufficient air just to 
make it float, explain the principle upon which th^ 
balloon sinks when the membrane is pushed in. 

(40) A conical shell is filled with fluid and sus- 
pended by its vertex from, a fixed point : it^is then di- 
vided symmetrically by a vertical plane, and kept from 
falling asunder by a hinge at the vertex, and a ligament 
at the base, coinciding with that diameter of the base 
which is perpendicidar to the dividing, plane : determine 
the tension of the ligament. 

(41) A straight rod loaded at one end, but not 
sufficiently to sink it, is projected in a slanting direction 
into a fluid ; explain how it is that the rod will rise t6 
the surface very nearly at the point at which it entered. 

(42) A piece of cork is attached by a* string to the 
bottom of a bucket of water so as to be completely 
immersed, and the bucket being placed in the scale of 
a balance is supported by a weight in the other scale. 
If the string be cut, will the weight begin to rise or 
ifall ? State your reasons. 

(43) A cylindrical vessel containing fluid revolves 
uniformly about its axis, and a solid cylinder of less 
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^ecific gravity than that of the fluid floats in it with 
its axis coincident with that of the revolving vessel^ 
find how deep it is immersed. 

(44/) A transparent closed cylinder filled with fluid, 
in which there are extraneous particles, some lying at 
the bottom and some floating at the top, is set revolving 
about its axis: it is then observed that the floating 
particles aU flow in towards the axis, while those at the 
bottom recede from it : explain this. 

(45) A ring of elastic material, having a very small 
transverse section, is constrained to lie between two 
horizontal planes within a cylinder of water ; supposing 
it to be concentric with the base, compare its change o^ 
dimensions, when the cylinder is made to revolve about 
its axis in a vertical position, according as its specific 
gravity is greater or less than that of the water. 

(46) If a vertical cylinder containing heavy fluid 
revolves about a generating line with a uniform angular 
velocity, the depth to which the surface sinks below its 
original level : the height to which it rises above that, 
level :: 3 ; 5. 

(47) A circular tube is half full of fluid, and iA 
made to revolve uniformly round a vertical tangent-line 
with angular velocity w: if a be the radius, prove that 
the diameter passing through the open surfaces of the 

fluid is inclined at an angle tan""^- — to the horizon. 

g 

(48) If a spherical envelope be formed of a sub- 
stance, which, if made into a line having a section if. 
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would bear a weight W: find the number of strokes of 
the piston after which this envelope placed under the 
receiver of an air-pump would burst. 

(49) A vertical cylindrical vesseli closed at the 
base, is formed of staves held together by two strings; 
which serve as hoops, and is filled with fluid. Shew 
that the tension of the upper string is to that of the 
lower :: A - 8a : 2A - Sa, where A is the altitude of Uie 
cylinder^ and a the distance of the upper and lower 
strings from the top and bottom of the cylinder respec- 
tively. 

(50) In the case of the previous question, how 
much of the fluid must be withdrawn from the cylinder 
in order that the tension of the upper string may 
vanish? 

(51) A cylindrical boiler the interior radius of 
which is 10 inches, and the thickness -^ of an inch, is 
formed of a material such that a bar of it, one square 
inch in section, can just support a weight of 10,000 lbs. 
without being torn asunder : find the greatest pressure 
which the boiler can sustain without bursting. 

(52) At 18°.9 (centigrade) the weight of a cubic 
foot of distilled water is 997.84 ozs., and at 1&^ its weight 
is 998.24 ozs. : find the temperature at which it shall be 
1000. 

(53) A cubic inch of water which weighs 252.458 
grains will produce a cubic foot of steam at atmospheric 
pressure, find the specific gravity of steam. 

(54) A quantity of air under the pressure of m lbs. 
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to the square inch, occupies n cubic inches when the 
temperature is f, find its volume under a pressure of 
m'lhs. to the square inch when the temperature is f\ 

(55) Having given that mlbs. of steam at the boil- 
ing-point, mixed with nibs, of water at temperature t, 
produce m + n lbs. of water at the boiling-point, com- 
pare the latent heat of steam and the specific heat of 
water. * 

(56) Upon what principle might the height of a 
mountain be approximately found by observing the tem- 
perature at which water boils at the top ? 

(57) A vessel contains air at atmospheric pressure, 
when the air is heated to temperature T above what 
it was, find the force in pounds necessary to be applied 
to a piston in the vessel to prevent its being forced out. 

(58) A thermometer-tube, open at the top and 
filled with mercury, contains 1000 grains at 329 tempera- 
ture ; if the tube be heated till its temperature is S4P, 
find how many grains of mercury will be expelled. The 
expansion of mercury in volume between 32® and 212® 
being .018, and the linear expansion of glass between 
the same points .0008. 



THE END. 



^amirAge, N<m. 1852. 
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Reformation. Adapted for the use of Students in the Univer- 
sities and in Schools. With Examination Questions. By W. 
SIMPSON, M.A., of Queens' College, Cambridge. Second 
Edition, improved. Fcap. 8vo. cloth, 5s. 

Cambridge, 
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The Elements of Chrammar tan^ in KngHah. 

By ihe Ber, £. THRING, 1CA«, Fdlow of King^s College, 
Cambridge. ISino. boimd in doch, 2lk 

**A veiy ablebookUu, boa m mhttneeamd/a 



** A eUver wU teiadijit Utile faoft."— GvABUfUV. 

** A genuine eomlrihnium to ike wanie of the mge** — Ckbist. Tooi. 

<' WrUUn with great $kaL"^TwL Edvcatob. 

** For ikie ike ieaeker and homer wSl thank him/* 

NbvuuflJOBinsT. 

**Tke teehnieatttiee ef ordhuirg Orammare are reSeted hg/aadBar 
eenvenatkmit width eUeit their meamimg amd pave the wa§ for 
the imtelUgent applieation efthe pHaatplee ef grammar r 

JoHv Bull. 

**We strongly recommend this grammar to the attention of those who 
are interested ta EdueatUmJ* 

Ekolish Jourhal of Educatiow. 

**8maU books, and treating^ as they prefess, only am the elements of 
Orammar ; bnt presenting them with much elearuess and stdtt^ 
so as not to repel by the artifieUdneu, but rather to interest by 
the naturalness, of the mode in which the knowledge is com" 
munieated/* — British Quarterly. 



n. 
The Child's Grammar. 

Being the substance of the above, with Examples for Practice. 
Adapted for Junior Classes. 18mo. limp doth. Is. 

**Themost rational we have seen; it is worked out with simplieity, precision, 
and eompleteness,'*'-Twi Vonconrotauor. 



Elementary Arabic Grammar. 'Al Ajnimiieh.' 

The Arabic Text, with an English Translation. By the Rev. 
J. J. 8. PEROWNE, Fellow and Assistant Tutor of Corpus 
Christi College, Cambridge. Cloth, lettered, 5s. 

Macmillaii and Co. 
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CLASSICAL. 

I. 

PLATO. 

Plato's Republic. 

A new Translation into English, with an Introduction and Notes. 
By two Fellows of Trinity College, Cambridge, (D. J. Vauohan. 
M.A., and the Rev. J. LL. Davieb, M.A.) Crown 8vo. cloth, 
7s. 6d, Jiut ready, 

"A really good, by which ufe wuon a lUeral and elegant iranalation,"^ 

SPBCTATOa. 

"Beads Uke an original eomjKMt^ion."— Carrie 

**B^fned eeholarahip. A very able eriiieal Introduetion and a cartful 
Analy8i$.**—'EMQUsa Rxvncw. 

** A sound and scholarly version. It is more, it is,— a rare virtue in classical 
translations,^* done into choice JSnglish,* Besides this, it hns a sensible 
itOroduetion and a close analysis,** — CHsimAH Kemxhbbamckk. 

" A valuable contribution to the study of Plato,**— Ijtkraxt Oazbttk. 

" There is a good Introduetion nr^fixed, to explain to the unleamed reader 
some of the points in the Platonic philosophy tohich are sometimes mis- 
represented, or at least misunderstood, such as the nature of dialectics, 
iMos, ^c. We recommend this volume to the attention of those who Ufould 

Jladiy learn something of the great founder of the academy,**— Tbs 
OUBHAL OV EdVOATIOV. 

** This translation far surpasses any other. We believe that scholars uni- 
versally will warmly aeknowledae its truth to the thought and spirit of 
the original. And we are sure that it. is what other versions known to us 
are not, namely English,--free, nervous, idiomatic English, such as will 

fascinate the reader The Introduetion is able and interesting. The 

Analysis is a performance of exceeding merit, a clear and satisfying pre- 
sentation of the essence of the dialogue beauiifkUly written,**— floiicov~ 
FOBMI8T, Aug^ist 4, 1852. 

" We trust that the existence of so eloquent and correct a version may induce 
many to become Students of the Bepublie, An Analysis is prefixed which 
will be found a very material help to the comprehension ef the lyeatise* 
The whole book is scholarlike and able,**—QvAXDiAX, 

" No one competent to offer an opinion on this suXyeet, will refuse to Messrs, 
Lavies and Vaughan the highest praise for the fidelity and eloquence with 
which they ha/ve translated this Dialogue. The Introduetion is excellent 
in itself, and admirably prepares the reader for the work it introduces,**-^ 
The Lsaoxa. 



n. 
Jnvenal : chiefly from the Text of Jahn. 

With English Notes for the use of Schools. By J. E. MAYOR, 
M.A., Fdlow of St. John's College, Cambridge, Crown 8vo. 
cloth. Jiut ready, 

Cambridge. 
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ra. 

Mr. Merivale's (Author of the ''Histoiy of Bome'^ 
SallUBt for Schools. Crown 8to. doth, price 68. 

**A very good JBdition ; to which the Editor hat not only trougkt sdtolanh^ 
lut independent jtidgment and lUttorieal eritieiam. The text is baeed on 
the latest authorities; and the substanee of the JSmgKsh Notes is seieeted 
from a wide range of commentaries. Theg ore chiefly illustratkfe of 
grammar and style, though history and manners are not overlooked. The 
lAfe of Salhist and the Iritf introductory view of Soman parties are 
dislfngmshed by considerable though quiet merit,** — Spsctator, Sept. 18. 

"An excellent edition. The English Notes, which are abundant, are dear and 
very Ae/j»>W."— Ovasdiav, Oct. 6, 1852. 

** This School Edition of Sallust is precisely what the School edition of a 
Latin Author ought to be. No useless words are spent in it, and no words 
that eould be of use are spared. The text has been carefkUly collated with 
the best Editions. It is printed in a large bold type, wJtieh mantfestsa 
fust regard for the young eyes that are to work upon it : under the text 
there flows through every page a fkiU current of extrem^ wM sdeeted 
annotaUons,**~-TB3i EzAioraa. 

IV. 

Sophoclis Electra. 

The Text of Bindorf, with Notes Critical and Eimhinatory. 
By the Rey. CHARLES BAT)HAM, D.D.» St. Peter^s CoUege, 
Cambridge, and Head-Maater of the Royal Free Grammar 
School, Lioath. Shortly. 

V. 

Aristophanes. 

A R^yised Text: with a Commentary. By W. G. CLARE, 
M.A., Fellow and Assistant Tutor of Trinity College, Cambridge. 

Preparing, 

VI. 

Aristotle. 

The Rhetoric of Aristotle ; the Greek Text : with English Notes, 
Critical and Explanatory. In Preparation. 

vn. 
Theocritus. 

The Greek Text, with English Notes, Critical and Explanatory, 
for the Use of Colleges and Schools. By the Rev. E. H. 
PEROWNE, M.A., Fellow of Corpus Christi College. Crown 
8yo. Nearly ready. 

Macmillan and Co. 
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VIII. 

Demosthenes De Corona. 

The Greek Text, with English Notes. By the Rev. B. W. F. 
DKAKE, Fellow of King^a College, Cambridge. 

Crown 8vo. cloth, Ss, 

'* Will enahle a student to read the original with comparative 
ease" — Lit. Gazette. 

" Useful notes,** — Guabdian. 

** A neat and useful Edition,* *-^ATBS»xvii, 



IX. 

Translation of Demosthenes on the Cro¥m. 

Bj the Rev. J. P. NGRRI8, Fellow of Trinity College, Cam- 
bridge, and one of Her Majesty's Inspectors of Schools. 

Sewed, Ss. 
** The beit translation that we remembev to have seen.** 

Lit. Gazette. 
** Very aoisttrate,** — GtTABDiAK. 

'* Admirably representitig both the sense and style of the original,*' 

ATHENiBUM. 



X. 

The History of Greece in Greek. 

From the Invasion of Xerxes to the Feloponnesian War : as 
related by Diodorus and Thucydides, with Explanatory Notes, 
Critical and Historical, for the use of Schools. By J. WRIGHT, 
M.A., of Trinity College, Cambridge, and Head-Master of Sutton 
Coldfield Grammar School. Priparing, 



XI. 

Cicero on Old Age. 

Literally Translated, with Notes. 2s. 6d. 



XII. 

Cicero on Friendship. 

Literally Translated, with Notes. 28. 6d. 

Cambridge. 
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A Treatise on the DifTerential Calculus; and the 

Elements of the Integ ral Calcolns. With, nnmerona Examples. 
By I. TODHUNTJB^ ILA., Fellow of St. John's Col^e, 
Cambridge. Crown 8to. doth, 10s. 6d. 

**! have emdeanmred in the praad work to exkSbU a eomprtkmmoe view 
€f the DtfermtkaOaietOma on tkt method €fLkmi», Lt the wtore eiemtem- 
tarif porHom I have entered into eoneidenMe detml in the explanaHoni 
with the hope that a reader who iewtthont the anittanee tfatatormaf 
he enabted to aeftnre a competent atqmainfanee with the ndoecL To ths 

DOTKKSaT CHAFmn WILI. BB VOVHD AFFWDBD EXAMFLaB BUFVlCmmT 

vmmunn to butokr avothxk book innntoaiABT. The examptee have 
heen odeeted almoet exehmvdp from the QMege and UmiveiMitj f y iii w i m i 
tion Fupere; the greater part of them wiU he faand to preaent no verp 
eeriom d^ffietdtp to the etmdent, atthongh a few map reqmre peculiar 
analptieal jdUH."— Pbbtacb. 

** A TKBATmS WHIGH WIU. TAKB RB PLAGB AMOBOR ODB SeAXDABD EddGA- 
nOBAL WOBXB. Thb BZn.ABAnOB8 IB THB XAXLT PABXB OP THB 
▼OLUXB ABB CLBAB ABD COBTIBCIBe ABD CABBOV WAIL TO IBTKBBBT THB 

vruBBBT."— JBn^IwA Jowmal of JBdneation, 

n. 

Shartiy wiU he Published (by the tame Author), 

A Treatise on Analytical Statics. 

With numerous Examples. 

in. 
Solutions of Senate-House Problems for Four Years 

(1848 to 1851). By N, M. FERRERS, Fellow of Caius College, 
Cambridge, and Rev. J. S. JACKSON, Caius College, Cam- 
bridge. 8yo. cloth, 15s. 6d. 

TV. 

Solutions of the Senate-House Riders for Four Years 

(1848 to 1851). By the Rev. F. J. JAMESON, M.A., Fellow 

of Caius CoUege, Cambridge. 8yo. cloth, 7s. 6d. 

The abore two books will be found very nsefiil to Teachers preparing Students 

for the University of Cambridge, as they shew PBAcncAi.LT the nature of 

the changes introduced by the " Mathematical Board," in 1848. 

MaemiUan and Co. 
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V. 

Arithmetic and Algebra in their Principles and 

Application : with numerous syBtematically arranged Examples 

taken from the Cambridge Examination Papers. With especial 

reference to the ordinary Examination for B.A. Degree. By 

the Rev. BARNARD SMITH, M.A., Fellow of St. Peter's 

College, Cambridge. Crown 8yo. Jtut ready. 

This work it w Jutped will prove emmently adapted for use m Sehoolt where 

Students are prepared for the Unioersities. It eontoins very copious 

selections from the SzanwuUion Papers of many years. 



VI. 
In Preparation {by the satne Author), 

Mechanics and Hydrostatics. 

On a similar plan. 

VII. 

Elementary Mechanics. 

Accompanied by numerous Examples solved Geometrically. 
By J. B. PHEAR, M.A., Fellow and Mathematical Lecturer 
of Clare HaU, Cambridge. 8yo. bds. lOs. 6d. 

" The task is well executed .... His arrangement is lucid, his proofs 
simple and heatUi^,"~-TBJt Estjcatob. 

vin. 

£y the dame Author. 

Elementary Hydrostatics. 

Accompanied by nimierous Examples. Crown 8yo. cloth, 5s. 6d. 

Just ready. 

IX. 

An Elementary Treatise on the Differential and 

Integral Calculus. For the use of Colleges and Schools. By 
G. W. HEMMING, M.A., FeUow of St. John's College, 
Cambridge. Second Edition, with Corrections and Additions. 

8vo. cloth, 9s. 

This Edition has been careMly revised by the Author, and important altera- 
tions and additions have been introduced for the sake of rendering the 
work more available for School use. 

Cambridge. 
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X. 

A New and Cheaper (the Eighth) BdUian qf 

The Elements of Plane and Spherical Trigonometry. 

Greatly improTed and enlarged. By J. C. SNOWBALL, M.A., 
Follow of St. Jolm'9 College, Cambridge. 

Crown 8vo. cloth, 7s. 6d. 

7%i8 edition hcu been earqfidly rensed by the author, and some important 
(UteraiUma and addUions have been introduced, A large addition has 
been made to the collection of Examflbs vok pbaoticb. 

** Bxeellent,"~4}vAXDiAM. 



XI. 

By the same Author, 

The Elements of Mechanics. 

Second Edition. 8yo. bds. 8s. 6d. 



XII. 

A Treatise on Dynamics. 

By W. P. WILSON, M.A., Fellow of St. John's College, 
Cambridge, and Professor of Mathematics in Queen's College, 
Belfast. 8yo. bds. 9s. 6d. 



xin. 
Plane Astronomy. 

Including Explanations of Celestial Phenomena, and Descrip- 
tions of Astronomical Instruments. By the Rev. A. B. GRANT, 
M.A., Fellow of Trinity College, Cambridge. 8yo. bds. 68. 



XIV. 

Geometrical Problems in the Properties of Conic 

Sections. By the Rev. H. LATHAM, M.A., Fellow and 
Tutor of Trinity Hall, Cambridge, 8vo. 3s. 6d. 

Macmillan and Co. 
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XV. 

A Short and Easy Course of Algebra. 

Chiefly designed for the use of the Junior Classes in Schools, 
with a numerous collection of Original Easy Exercises. By the 
Rev. T. LUND, B.D., late Fellow of St. John's College, Cam- 
bridge. A new Edition, 12mo. bound in cloth, 3s. 6d. 

" His d^finiUona are ttdmirable for their nmpKeity and eleamesa" 

Athexatjm. 

**We ha/ve much retuon to (tdmire the happy art of the author in making 
crooked things straight and rough places smooth.** — ^Educator. 



xvr. 
A Geometrical Treatise on the Conic Sections. 

With an Appendix, containing the first Nine and the Eleventh 
of Newton's Lemmas : intended chiefly as an Introduction to 
the Geometrical Doctrine of Limits. By the Rev. J. E. 
COOPER, M.A., Fellow of St. John's College, Cambridge. 

Nearly ready. 



XVII. 

The Mathematical Principles of Mechanical Phi- 
losophy, and their Applications to Elementary Mechanics and 
Architecture, but chiefly to the Theory of Universal Gravi- 
tation. By the Rev. J. H. PRATT, M.A., Fellow of Caius 
College, Cambridge. Second Edition, revised and improved. 

8vo. bds. £1. Is. 



xvm. 
The Theory of Douhle Refraction. 

By the Rev. W. N. GRIFFIN, M,A., late FeUow and Assistant 
Tutor of St. John's College, Cambridge. 8vo. sewed, 2s. 

Cambridge. 
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XDL 

Cambridge and Dublin Hathematical JonmaL 

Edited by W. THOMSON, M.A., FeUow of St Peter's 
College, Cambridge, and Professor of Natural Phflosophy 
in the UniTersitj of Glasgow. Vols. L to VIL 

8to. doth, £5. ISg. 

▲ FEW OOMPLBTB SBIB MAT STILL BE HAD. 

Three Nos., price 6fl. each, are pnUished yearly. 

The Snbscriptian, payable in adrance, is 16s., or 16s. 6d. free 
by Post. 

Also recently published, a second Edition of the Cakbridgb 
Mathematical Jouiucal, Vol. I. ; being the First Series of the 
aboTe Work. 8to. doth, 18s. 

" Jmotker instance of the efficiency of the eonrte of ttmdy m thie 
UntvertUif, in producing not merely expert algebraists, but sound 
and original mathematical thinkers, {and, perhaps, a more striking 
one, from the generality of its contributors being men of compara- 
lively junior standing), is to be found in this Journal, wJUcA is 
full of very original communications" — Sir John Herschel's 
Address at the British Association. 

** J work of great merit and service to science. Its various con- 
tributors have exhibited extensive mathematical learning and 
vigorous originality of thought,*' — Sir William Hamilton. 

**/t publication which is Justly distinguished for the originality and 
elegance of its contributions to every department of analysis.** 
Rlv. Prof. Peacock. 

XX. 

Solutions of the Problems proposed in the Senate- 
House Examination, January 8, 1852. syo. sewed, is. 6d. 
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NEW EDUCATIONAL WORKS. 

MR. MAYOR'S JUVENAL FOR SCHOOLS. 

Chiefly from the Text of Jahn. With English Notes. Nearly ready 

MR. LUND'S SHORT AND EASY COURSE OF ALGEBRA. 

Chiefly designed for the use of the Junior Classes in Schools, with a 
numerous collection of Original Easy Exercises. 2nd- Edit. Ss. 6d. 

" His definitions are admirable for their simplicity and clearness." 

ATHENiEUM. 

" We have much reason to admire the happy art of the Author in 
making crooked things straight, and rough places smooth." 

Ths Educator. 

MR. PHEAR'S ELEMENTARY MECHANICS. 

Accompanied by numerous Examples solved Geometrically. 8vo. bda. 
lOs. 6d. 

"The task is well executed. ...... His arrangement is lucid, 

his prooft simple and beautiftiL — Thb Eoucator. 

MR. PHEAR'S ELEMENTARY HYDROSTATICS. Preparing, 

PLATO'S REPUBLIC. 

A new Translation into English, with an Introduction, an Analysis, 
and Notes. By TWO FELLOWS of Trinity College, Cambridge. 
(J. LI. DAVIES, M.A. and D. J. VAUGHAN, M.A.) Crown 8vo. 
cloth, 7s. 6d. 

" A really good, by which we mean a literal and elegant trans- 
lation." — Spectator. 

MR. PRATT'S MECHANICAL PHILOSOPHY. 2nd Edit. 8vo. 
doth, £1 Is. 

MR. THRING'S GRAMMAR TAUGHT IN ENGLISH. 

ISmo. cloth, 2s, 

" A very able book it is, both in substance and form." — Sfectatob. 

MR. THRING'S CHILD'S GRAMMAR. 

Being the substance of the above, with Examples for Practice. Adapted 
for Junior Classes. ISmo. limp cloth, is* 

MR. TODHUNTER'S DIFFERENTIAL AND INTEGRAL 

CALCULUS. Crown Svo. cloth, 10s. 6d. 

This work is intended for the use of Schools as well as for 
Students in the University. 

HISTORY OF GREECE IN GREEK. 

From the Invasion of Xerxes to the Peloponnesian War: with Explana- 
tory Notes, for the use of Schools, by J. WRIGHT, M.A., of Trinity 
College, Cambridge, and Head-Master of Sutton Coldfield Grammar 
School. Preparing. 

PROF. WILSON'S DYNAMICS. 8vo. bds. 9s. 6d. 

MR. WESTCOTT ON THE GOSPELS. 

With a Catena on INSPIRATION, from the Writings of the Ante- 
Nicene Fathers. Crown 8vo. cloth, 6s. 6d. 

" Deserves and will command attention." 

Chbistiak Rzmembrancer. 
" The production of a young Theologian of great promise." 

T. K. Abholb. 
"Admirably conceived, arranged, and expressed." 

Fbbb Church Magazine. 
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